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RÉSUMÉ

Les matériaux composites utilisés en aéronautique doivent réussir des tests de résistance au
feu leur imposant de remplir leurs fonctions tout en étant exposé à une flamme durant un
temps donné. Or, la combustion d’un matériau composite est un processus complexe impliquant l’interaction entre plusieurs phénomènes thermiques, chimiques et physiques. En particulier, certains phénomènes tel que l’inflammation des gaz issus de la pyrolyse du composite
peuvent jouer un rôle crucial lors de sa dégradation. L’utilisation de modèles numériques
permet d’étudier les différents processus agissant sur la dégradation du composite et d’aider
au développement de nouveaux matériaux résistants au feu.
L’objectif de cette thèse est de modéliser la dégradation thermo-chimique d’un matériau
composite exposé à une flamme. L’outil prédictif est composé de deux modèles couplés.
Premièrement, un modèle thermo-chimique prédit la variation temporelle et spatiale de la
température et de la densité du composite en fonction de ses propriétés et des conditions du
test de résistance au feu. Ce modèle prend en compte les transferts de chaleur et les réactions
chimiques dans l’épaisseur du composite. En particulier, plusieurs mécanismes de réactions
chimiques sont proposés afin de modéliser la décomposition chimique de la phase solide en
fonction de sa température. Les propriétés thermo-physiques du matériau sont mesurées
lors d’expériences indépendantes afin d’être utilisées en tant que paramètres d’entrée dans le
modèle. Ensuite, un modèle de cinétique chimique (Cantera) simule l’inflammation des gaz
émis par les réactions chimiques en phase solide dans un environnement pauvre en oxygène.
L’influence de cette source de chaleur supplémentaire sur la dégradation du matériau est
étudiée. Le modèle global est validé à l’aide d’un test de feu à petite échelle, développé afin
d’imiter les conditions rencontrées lors de tests de feu à plus grande échelle.
Le modèle numérique obtenu s’adapte à différentes conditions de test de feu et à différents
matériaux. Il est capable de prédire l’évolution de la température du composite et le temps
d’allumage de façon purement théorique, sans avoir recours à des paramètres empiriques propres à chaque test et matériau. En particulier, les résultats montrent que le flux de chaleur
reçu par le matériau durant son inflammation est deux fois plus important que celui reçu du
test de feu. Concernant la décomposition thermo-chimique du matériau, le mécanisme basés
sur des réactions compétitives est le seul permettant de reproduire la masse résiduelle du
matériau après exposition à de hautes températures, mais décrit la variation de masse avec
moins de précision que les mécanismes basés sur des réactions consécutives ou parallèles.
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ABSTRACT

Composites are widely used in the aerospace industry and must act as firewalls in some
applications. Their flammability is assessed through standardized fire tests requiring the
material to resist to a calibrated pilot flame during 15 minutes. The combustion of the
composite is driven by the complex interactions of thermal, chemical and physical processes.
In particular, the chemical degradation of the composite produces combustible gases that
may ignite when they encounter the pilot flame, providing an additional heat source close to
the surface and leading to the rapid destruction of the composite. Fire tests yield a pass or
fail verdict but cannot provide insight of the phenomena at stake. The development of new
numerical tools could help to understand the interactions of these complex phenomena and
support the development of new fire resistant composites.
The objective of this thesis is to develop a multi-physics tool to predict the thermo-chemical
degradation and ignition of a composite exposed to a pilot flame. An in-house pyrolysis
model is developed to compute the material thermo-chemical degradation and coupled with
a chemical kinetics software (Cantera) to model the gas-phase reactions. The solid-phase
thermo-chemical model accounts for heat transfers, pyrolysis, oxidation and transport of mass
through the composite thickness as a function of time. Several reaction schemes, including
reactions of different nature (competitive, parallel, consecutive), are compared to model
the solid-phase chemical reactions. The composite thermo-physical properties are measured
through independent experiments and used as input parameters in the predictive tool. The
model is validated against a small-scale test imitating the conditions encountered in largescale fire tests.
The method developed here is versatile and does not depend on empirical parameters specific
to the fire test conditions. The evolution of the backface temperature as a function of time and
of the time-to-ignition for a composite exposed to fire are predicted with a good agreement.
In particular, the simulations show that the heat flux received by the material approximately
doubles when the pyrolysates ignite. The analysis of the thermo-chemical degradation showed
that the schemes based on competitive reactions are the only models able to predict the
variation of residual mass of the material exposed to heat as a function of the heating rate,
but are less accurate than schemes based on parallel or consecutive reactions to represent the
material mass loss rate.
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CHAPTER 1

1.1

INTRODUCTION

The use of composites in aerospace: an environmental and economical issue

Air pollution causes health and environmental damages and is nowadays a worldwide and
ongoing challenge for humanity. In particular, the exposition to fine particle matters (diameter ≤ 2.5 µm) and O3 from all ambient air pollution causes every year the loss of 8.8
million lives due to cardiovascular and respiratory diseases, which represents a global loss of
life expectancy of 2.9 years per person, with 1.1 years due to fossil fuel emissions only [1].
Assuming that aircraft transport produces approximately 1% of surface O3 and fine particle
matters [2,3], 88000 deaths per year are attributable to aircraft emissions. Fuel consumption
being directly related to the aircraft weight, approximately 3275 deaths could be avoided during the next decade for every reduction of 1% of mass of the aircraft in circulation (the details
of the calculation are given in Appendix A). Moreover, aircraft also emit greenhouse gases
such as CO2 (2.4% of all human-induced emissions [4]) and therefore contributes to global
warming, whose effects on human health are harder to quantify. Besides the environmental
consequences of fossil fuel use for air transport, economic incentives are also pushing for decreasing use. The price of kerosene-type jet fuel used in aerospace increased from 18$/barrel
in 1977 to 103$/barrel in 2019 [5]. This represents an augmentation of 472%, much more
than the total inflation of the US dollar of 327% observed during the same period [6]. Knowing that fuel represents in average 40% of the direct operating costs of a flight and 22% of
the total costs including advertisement, administration, etc, the reduction of specific fuel
consumption could greatly improve the profitability of aircraft transport.
Technological innovations in the aeronautic sector during the last century concerned mainly
the propulsion and aerodynamic efficiency. The reduction of the aircraft weight benefited
from an important technology leap with the development of all-aluminum aircraft in the
1930’s, but did not evolve significantly in the following decades because of the lack of lighter
alternatives to aluminum alloys, until the recent development of composites [7]. A composite
is a combination of at least two non-miscible materials, usually a matrix and a reinforcement (classical combinations of composites are introduced in Appendix B). The mechanical
properties and density of composite materials and metal alloys are compared in Table 1.1.
In general, their mass Young’s modulus and tensile strength are much better than metal
alloys, giving them a significant advantage in applications requiring light weight and good
mechanical properties, such as aerospace. Since 1970, the proportion of composite materials
in aircraft structural weight has exponentially increased from 5% for an A300 in 1972 to more
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Properties

Density
ρ (g cm−3 )
Young Modulus
E (GPa)
Mass Young Modulus
E/(ρg) (km)
Tensile strength
σm (MPa)
Mass tensile strength
σm /(ρg) (km)

Steel
35 NCD 16
7.9

Metal alloys
Aluminum
AU 4 SG
2.8

Titanium
TA 6V
4.45

Carbon/epoxy

Composites
Glass/epoxy

Bore/aluminum

1.5

2

2.7

200

72

110

130

53

230

2500

2600

2500

8700

2650

8500

1850

500

1000

1000-1300

1800-2000

1250-1800

24

18

23

65-85

90-100

45-65

Table 1.1 Comparison of composite materials and metal alloys in terms of mechanical properties and weight. Table adapted from [8].

than 40% for an A350 in 2010 (Figure 1.1) from [9]. This trend is likely to continue in the
coming years due to the constant design of new combinations of matrix and reinforcement.
Figure 1.2 from [10] shows that a modern aircraft such as an A350 is nowadays a hybrid
structure composed mostly of composite materials for the fuselage and metal allows in critical locations, such as the engine nacelles. In particular, carbon fibers reinforced composites
occupy an important part of the fuselage. This composite has a good resistance to fatigue
and corrosion and a light weight, but suffer from thermal decomposition at high temperature. Their is therefore a need to understand and circumvent their flammability limitations
to reinforce the security of aircraft in case of fire.
1.2
1.2.1

The challenge of fire safety in the aerospace industry
Aircraft fires

According to the Federal Aviation Administration (FAA) [11], “approximately twenty percent
of the 1153 fatalities on U.S. transport airlines between 1981-1990 were caused by fire”. The
number of casualties is expected to increase in the coming decade because of traffic growth.
Most aircraft fires fall in three categories: ramp, inflight and post-crash fires [11]. Occurring
when the aircraft is parked, ramp fires can be rapidly controlled and result only rarely in the
loss of human lives, although some costly accidents have been reported. In 1985, the explosion
of an engine before take off on a Boeing 737 operated by British Airtours (flight KT28M)
trapped the passengers inside the plane as the fire spread rapidly to kerosene tanks and
caused the loss of 55 lives among the 137 passengers, most of the deaths being due to smoke
inhalation (Figure 1.3a). In-flight fires are significantly more problematic, particularly when
they appear in inaccessible areas for the crew such as engines or fuselage. An aircraft can
rapidly become uncontrollable once the engines or other critical systems are reached. These

3

Figure 1.1 Composite structural weight over the last decades in Airbus planes [9].

Figure 1.2 Materials composing an Airbus A350 [10].

4

Figure 1.3 a) Boeing 737 operated by british Airtours (flight 28M) being victim of a fire
before take-off. b) Concorde operated by Air France (flight 4590) being victim of a fire
during take-off. c) Sukhoi RRJ-95B operated by Aeroflot being victim of a post crash fire.
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fire are typically caused by short-circuit in an electrical system or overheated equipment, but
can also be induced by external events very difficult to prevent. In 2000, a Concorde operated
by Air France (flight 4590) ran over debris on the runway during takeoff (Figure 1.3b). The
debris was projected into the fuel tank and damaged it, provoking a fire that rapidly spread
to the landing gears and engines. The reduction of thrust and additional drag caused by the
non-retracted gear led to the loss of control of the plane who crashed shortly after, killing all
the passengers (113 persons). In total, in-flight fires have caused the loss of 339 lives between
1992 and 2001, becoming the fifth source of fatalities in aircraft accidents behind loss of
control (2371 deaths), controlled flight into terrain (2152 deaths), unknown reasons (651
deaths) and mid-air collisions (506 deaths) [12]. Finally, post-crash fires are involved in the
majority of death by fire; 40% of the passengers who survived an airplane crash subsequently
die in the post-crash fire [11], mostly because of the inhalation of toxic smoke emitted by fuel
combustion or the burning of combustible materials such as seat cushions. For instance, on 5
May 2019, the remaining fuel of a Sukhoi RRJ-95B operated by Aeroflot ignited after a failed
landing, and the fire spread rapidly to the fuselage of the plane (Figure 1.3c). An emergency
evacuation saved 32 passengers among the 73 occupants. In many aircraft accidents leading
to uncontrollable fire, the time available to evacuation seems to be a critical factor and is
directly correlated to the combustion rate of the material burning within the aircraft.
1.2.2

The fire certification in aerospace

An aircraft needs a certification specification to be allowed to fly, that must be verified every
time its design is changed. The parts located in designated fire zones must meet requirements for the heat release rate, flame spread and burning rate, among others [13]. Most
of the time, the certification requirement is assessed through standardized tests verifying if
the materials are able to fulfill their functions when exposed to a fire environment during a
defined period of time. The tests consist in exposing the material under evaluation to a pilot
flame or radiant heater with variable conditions, depending on its function and location in
the aircraft. The standards are defined by national/transnational organisations such as the
FAA in the United States or EASA in Europe (European Union Aircraft Safety Agency),
under the guidance of the ICAO (International Civil Aviation Organization). In particular,
the FAA mandated the development of materials with improved fire resistance in 1987, with
the objective of providing an additional 2 − 4 minutes for evacuation in case of fire [11].
Figure 1.4 represents the acoustic liner investigated in this study, composed of a honeycomb
core between two skins, both made of organic matrix composites. Its emplacement in the
engine is showed in Figure 1.5. This panel is used in the inner part of the bypass duct and
separates the bypass air flow from the technical compartment of the engine, where fuel and
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oil are routed. Due to its location, this component must first act as an acoustic liner to
damp the noise from the engine in operation. This is achieved with the honeycomb core
and the perforated inner skin, which form a Helmholtz resonator and attenuates the sound.
Moreover, the sandwich panel must also act as a firewall to prevent an external flame from
spreading inside the engine and compromise its function. The bypass duct is indeed close to
the nacelle and fuel handling system, whose ignition could create a fire propagating to the
engine. In case of fire, the outer skin absorbs heat and loses rapidly its structural abilities,
despite the convective cooling provided by the bypass flow. Under these conditions, the outer
skin is unable to resist the static pressure imposed by the internal flow and tensile rupture
of the fibers occurs rapidly.
The fire resistance of firewalls is assessed through standardized fire tests, according to Advisory Circular AC 20-135 [14] or the ISO 2685 standards [15]. These specify that the
component must be able to perform its function when exposed to a 1366 K average flame
temperature providing a 116 ± 10 kW m−2 heat flux for a minimum of 15 minutes, while
withstanding the static pressure from the inside of the bypass duct (0.7 bar) for the first 5
minutes of the test. A kerosene burner is used to provide the pilot flame [16], whose temperature and heat flux are respectively calibrated with a thermocouple rake and a calorimeter.
The fireproofing strategies currently implemented often consist in thermal blankets, structurally integrated fire blankets or increased outer skin thickness. Each of these strategies
is able to meet the fire test requirements but at the price of an additional weight, which
increases the aircraft fuel consumption. The fire performance of the outer skin could also be
improved while optimizing its weight by using different combinations of matrix and fibers
and/or modify the matrix with the addition of inert fillers or fire retardant [17]. A better understanding of the fire behavior of composite materials is necessary to support the
development of such new fire-resistant composites.
1.3

Objectives

The certification tests are expensive and consequently, aircraft engine manufacturer would
like to perform a minimal number of them. Moreover, they yield only a pass/fail verdict,
providing no information on the combustion process itself. However, a better understanding
of the flammability of composites is essential to accelerate the development process of new
parts reducing fire spread in critical applications, such as engine [11]. The use of numerical
simulations to predict the decomposition of the material exposed to fire can significantly
reduce the number of tests necessary to validate a new concept. It can also help to identify
the key physical processes leading to composite decomposition and therefore support the
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Figure 1.4 Honeycomb structure used as acoustic liner in turbofan engines.

development of new fire-resistant materials. Considering the number of physical, chemical
and thermal processes involved simultaneously and interacting with each other during the
composite thermal response, a multi-physics analysis is necessary to predict the behavior of
such materials exposed to fire.
This study is part of a larger project whose overall objective is to investigate the behavior of
composites exposed to a pilot flame in order to improve their fire resistance. This research
project focuses on polymer matrix composite sandwich panels used as acoustics liners in
the fan cases and bypass ducts of turbofan aircraft engines, as illustrated schematically in
Figure 1.4. Several academic and industrial partners are involved and their contribution
consists in identifying and testing candidate materials in small-scale experiments imitating
the conditions encountered in a fire test. The research proposed here aims at developing a
multi-physics modeling of the fire test. This predictive tool is intended to determine
the time-dependent decomposition rate of the composite panel as a function of the fire test
conditions and of the material properties. The gas-phase chemical reactions, heat transfer
through the composite and chemical decomposition of the solid phases must be considered.
This thesis is divided as follow. First, Chapter 2 presents a literature review focused on the
numerical modeling of composite fire resistance. A critical discussion of the literature review
and the specific objectives of the thesis are introduced in Chapter 3. The mathematical and
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numerical developments of the solid phase model are presented in Chapter 4. The chemical
decomposition of the material is described in Chapter 5. Finally, a carbon-epoxy composite
is fully characterized and simulated in the context of a small-scale fire test in Chapter 6.
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CHAPTER 2

2.1

LITERATURE REVIEW

Physics of composites combustion

Some composites start to decompose above 100 ◦ C and release heat, smoke and gaseous products which can be toxic for humans [18]. The FAA estimated that the number of casualties
caused by fire in aircraft accidents will grow every year by 4% because of the expected traffic
growth, on one hand [19], and by another 1% because of the increasing part of lightweight
and combustible materials in aircraft, on the other hand [11]. A number of literature reviews have been dedicated to the combustion of composites [20–25]. The term combustion
here refers to the chain of processes that convert fuel into combustion products. Composite
combustion involves thermal, chemical and physical processes in close interaction, that are
represented in Figure 2.1 and explained with more details in the following.
2.1.1

Heat transfer from the pilot flame to the material

The heat is transmitted from the pilot flame through four different types of heat transfer:
convection, thermochemical heat release, radiation and water vapor condensation [26]. The
importance of the radiative heat transfer depends, among other factors, on the amount of
soot produced by the flame. However, in the absence of a furnace enclosure, convection is
expected to represent 70 − 90% of the total heat transfer for flames up to 1700 K [27].
An impinging gas jet configuration, such as a pilot flame impinging a sample, is known to
lead to high heat transfer and plays thus an important role in industrial applications [28].
However, in fire tests it results in a non-uniform convective heat transfer over the composite’s
surface, depending among other parameters on the flame geometry. Figure 2.2 represents the
different flow regions typically considered in the analysis of impinging gas jets (here for a
round nozzle) [29]:
The free jet region: the flow is most of the times turbulent in this area. The flow exchanges
momentum with the surrounding environment, leading to the linear expansion of its
boundaries. Although the overall flow decelerates in the free jet region, the axial velocity
of the flow along the flame axis is constant in the core length. The length of the core
depends on the turbulence level at the nozzle exit [30] and is typically on the order of
four times the nozzle diameter on average [28].
The impingement region: the proximity of the solid surface causes the divergence of the
streamlines away from the jet centerline. The flow decelerates when getting closer to
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Figure 2.1 Thermal, chemical and physical processes encountered in composite combustion.
Heat transfers are depicted in red ( ), mass transfers in blue ( ) and chemical reactions
or phase change in green ( ). The virgin polymer matrix is depicted in orange ( ).

12
the stagnation point and accelerates when moving in the transverse direction [29]. The
boundary layer has a relatively constant thickness (approximately 1% of the diameter [31]) and the flow is laminar in this region because of the stabilizing effect caused
by the accelerating flow [30]. The width of the stagnation region is approximately 1.2
times the nozzle diameter [28].
The wall jet: the accelerated and laminar stagnation flow converts into a decelerated and
turbulent flow in the wall jet region, parallel to the solid surface. The minimum thickness of this region is typically within 0.75-3 nozzle diameters and increases continually
with the radius when going away from the impingement point [31].
The distribution of the convective heat flux over the material surface depends on the shape
of the nozzle, its dimensions, the surface roughness and the radial distance from the stagnation point. In particular, the nozzle-to-sample distance appears to have an important
influence [30]. Figure 2.3 from [30] represents the distribution of the local Nusselt number on
a solid surface as a function of the dimensionless radial position. As a reminder, the convective heat transfer is directly proportional to the Nusselt number. If the core length is fully
developed before the flame impinges the surface (approximately H/D > 4), the convective
heat flux is maximum at the stagnation point and decreases monotonically thereafter [30].
However, if the core length is not fully developed, the convective heat transfer is maximum at
the laminar-turbulent transition, some radial distance from the stagnation point. The heat
transfer at different locations on the surface can be estimated with correlations [28, 30, 32],
semi-analytical solutions [26] or CFD [33–37].
2.1.2

Heat conduction within the material

The heat propagates through the composite mainly by anisotropic heat conduction. In transient regimes, this phenomena is controlled by the composite thermal diffusivity, which is
computed with its thermal conductivity, heat capacity and density. At constant temperature, the composite thermal conductivity is affected by moisture content, delamination,
density, porosity, radiation across the porosity, microstructure and more generally by the
composite manufacturing process. The imperfect bonding between matrix and reinforcement
also adds a thermal resistance. Moreover, the geometry of the composite material and particularly the orientation of fibers with respect to the direction of heat transfer greatly affect
the global thermal conductivity (and also the permeability, radiative absorption and Young’s
modulus). The matrix conductivity also increases with its crystallinity [38]. Lower and upper bonds of the thermal conductivity of the composite can be estimated from each phase
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Figure 2.3 Radial variation of the local Nusselt number from the stagnation point in an
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thermal conductivity with the Voigt and Reuss models. Other relations provide a better
estimation, depending on the composite structure [39–41].
The thermal conductivity of the composite varies also as a function of temperature. First,
because all the phase properties are temperature dependent. Then, because of chemical
reactions occurring in the composite exposed to heat. As a result, the composite thermal
conductivity may vary smoothly and monotonically in some temperature range but changes
abruptly when chemical reactions occur with phase transitions. For instance, Figure 2.4a)
from [23, 42] represents the variation of thermal conductivity of a glass/epoxy composite exposed to heat. First, the thermal conductivity increases with temperature and drops when
a chemical reaction occurs around 300 C, then it increases again. The temperature dependence of each property can be measured experimentally and approximated using polynomial
equations [43], typically of order 3 or 4 [23].
2.1.3

Matrix glass transition

The glass transition is a reversible transformation occurring in amorphous resins exposed to
high temperatures, changing their solid and glassy state into a viscous and rubbery state. The
matrix mechanical properties such as elastic modulus or strength are severely decreased, even
if chemical reactions have not started yet. Figure 2.4b) from [18] shows a typical variation of
a composite mechanical properties during glass transition. The glass transition temperature
Tg is typically on the order of 350 K for epoxies [18].
2.1.4

Matrix pyrolysis

The term pyrolysis refers the thermal decomposition of an organic solid phase without the
presence of oxygen. During pyrolysis, the molecules composing the solid are broken into
smaller molecules through a very complex mechanism involving hundreds of intermediate
reactions. Pyrolysis produces gas (pyrolysates), liquid (tar) and solid (char). In a fire resistance test, the decomposition of the matrix begins on the external surface once a critical
temperature is reached. This temperature depends on the matrix composition and usually
ranges from 500 to 700 K for polymer matrices [44]. Figure 2.5 from [23] shows a partially
burned composite. A decomposition zone forms and progresses inside the material toward the
cold face. The production of char increases the matrix porosity and results in a rise of the internal pressure because of the storage of gas in the pores. The increase in pressure can locally
reach up to 15 times the atmospheric pressure for a phenolic matrix composite [45], which is
sufficient to cause matrix-fiber debonding, delamination and matrix cracking [18]. The char
contains a higher proportion of carbon than the original polymer (approximately 85 to 95%)
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Figure 2.4 a) Through-thickness thermal conductivity of a glass/epoxy composite as a function of temperature (from [23,42]). b) Typical variation of a composite mechanical properties
with an increasing temperature, because of the polymer matrix glass transition (from [18]).

in its crystalline or amorphous state, with traces of aromatic (molecules containing one or
more rings of 6 carbon atoms) or aliphatic compouds [23]. The chemical process leading to
char formation depends on the nature of the virgin matrix. In thermosets, random chain
scissions fragment the molecular structure of the polymer, yielding very small quantities of
char. Polyester, vynil esters and epoxies resin lose hydrogen atoms because of random chain
scission, end-chain scission and chain stripping reactions, producing 5 − 20% of char. Finally,
polymers having a high proportion of aromatic rings produces higher quantities of char, up
to 40 − 60% for phenolic resins for instance. Figure 2.6 shows the linear relation existing
between content of aromatic rings in polymers and the quantity of char formed. As the char
is highly porous, its thermal diffusivity is low and having a high char yield contributes to
reduce heat transfer to the remaining virgin material located further from the flame. Controlling and increasing char formation is therefore an important strategy in the development
of new fire-resistant materials, such as those relying on intumescence (the formation of an
expanding char layer). Moreover, pyrolysis consists mostly of endothermic reactions, which
absorb energy from the pilot flame and therefore slows again the heat propagation in the
material. Because of the combination of pyrolysis endothermicity and the formation of a
low-diffusivity char layer, understanding pyrolysis is very important for the development of
new fire-resistant materials. Pyrolysis kinetics can be modeled with the Arrhenius law, which
in this case is often formulated to provide the variation of the density of the solid material
as a function of temperature [46]. The parameters involved in the Arrhenius law, such as the

16
activation energy and the pre-exponential factor, can be measured with Thermogravimetric
Analysis (TGA) using so-called isoconversional methods [47]. These methods rely on measuring the variation of mass as a function of temperature. Even if the global chemical process
involves hundreds of reactions and intermediate species, it is most of the times simplified as
a one-step, global reaction, in which the matrix decomposes into char and gas. However,
multi-steps mechanisms can be necessary in several situations: (i) if TGA data reveals the
presence of shoulders or inflexions in the curves depicting the variation of mass as a function
of temperature, hinting at the presence of more than one major reaction; (ii) if the activation energy varies with the degree of material decomposition; (iii) if a microscopy analysis
reveals the presence of several phases degrading independently [48]. The number and nature
of reactions is then chosen to obtain the best fit against TGA data. A significant part of the
present work addresses this critical issue and is presented in Chapter 5.
2.1.5

Convection of hot gases

If the connectivity of the pore network allows it, the gas produced by pyrolysis reactions
migrates from the inside of the material toward the environment because of pressure gradients.
Most of the time, these volatile species are forced to flow toward the heated side due to the
higher permeability in this direction. As gas flows through the solid, heat is transferred from
the solid to the gas and evacuated in the environment, causing a cooling effect and again
slowing heat propagation [50]. If the permeability is too low, the exhaust gases are blocked
within the composite and cannot escape, resulting in an important swelling. Hot volatile
species can also migrate toward the cold side and condense in the virgin solid, modifying its
properties before pyrolysis occurs. Moreover, the presence of hot volatiles within the virgin
solid increases the solid temperature and favors flame spread [50]. The permeability of the
matrix depends mainly on its state of decomposition, but also on the chemical structure of
the polymer, its morphology, density and cristallinity [25].
2.1.6

Ignition of the material

The pyrolysate composition depends on the nature of the matrix but contains most of the
times highly reactive species such as H2 (59.4% and 19.9% for phenolic [51] and epoxy [52]
pyrolysis, respectively) and CH4 (14.9% and 1.9% for phenolic [51] and epoxy [53] pyrolysis,
respectively). When the combustible pyrolysates encounter an oxidative atmosphere (for
example containing O2 ), they form a fuel-oxidizer mixture. The behavior of an explosive
mixture is ruled by the following chemical reactions, where R, P and C indicate respectively
the Reactants, stable Products and Chain carriers like radicals, and n and a are two integers:
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Figure 2.5 Section of a carbon/epoxy composite exposed to a heat source (from [23]).

Figure 2.6 Linear relation between char yield and aromatic content in resins (from [49]).
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nR = C (initiation)

(2.1a)

R + C = aC + P (chain branching)

(2.1b)

C + R + R = P (gas termination)

(2.1c)

C = P (surface termination)

(2.1d)

Ignition requires the creation of chain carriers, that are multiplied through branched-chain
reactions, accelerating the overall reaction rate. Therefore, a pyrolysate-oxidizer mixture
ignites if the heat generation exceeds heat losses through transport mechanisms, in which
case the heat accumulated promotes the endothermic chain branching reactions, increasing
the reaction rate and leading to thermal runaway [54].
In a fire test, the pyrolysates mix with the exhaust gases of the pilot flame which are poor
in oxygen and whose composition varies with the type of fuel used in the burner and the
calibration method. This homogeneous reaction may be delayed if the oxidizer flow velocity
is high or if the oxygen concentration is very low [55]. The heat feedback from pyrolysate
ignition increases again the composite temperature, promoting the production of pyrolysates
and a positive feedback loop is created, leading rapidly to the complete decomposition of the
composite. Moreover, the flames produced by pyrolysate ignition can heat other locations of
the system and propagate the fire.
Therefore, the time-to-ignition (TTI) of polymer composites is a parameter of paramount
importance in fire safety. It is usually assessed through standardized fire tests, performed for
instance using cone calorimeter [13]. For instance, Figure 2.7a) represents the TTI of various
carbon fibers composites exposed to 75 kW m−2 heat flux. It is interesting to note that the
resins associated with the production of a high amount of char (Phenolic, PPS, PEKK) are
also associated with a long TTI. The TTI depends among other factors on the composition
and quantity of pyrolysates emitted during matrix pyrolysis. Therefore, a material yielding
a low amount of char is susceptible to ignite more rapidly as it generates more volatils.
The capacity of a material to propagate fire is also related to its Heat Release Rate (HRR, in
kW m−2 ), which describes the amount of heat released when the pyrolysates ignite. This heat
is susceptible to be absorbed by other parts of the system and spread fire to the rest of the part
under investigation. Figure 2.7b) presents different HRR for various composites. Regarding
only TTI and HRR, carbon/PEKK seems to be a better material than carbon/epoxy in fire
safety applications and has comparable density, but is also much more expensive (between
5 − 10 $/kg for epoxy resin and 25 − 76 $/kg for PEKK in 2020).
Time-to-ignition is most of the times modeled with empirical correlations based on parameters
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related to the temperature of the solid phase, critical pyrolysate mass flow rate or critical
heat flux [56]. These parameters are chosen to represent a specific set of material and fire
test conditions and therefore their range of application is limited. The heat feedback from
pyrolysate ignition is often neglected [35, 57] or modeled with empirical parameters [58] that
are again valid only for a specific set of material and fire test conditions. Pyrolysis models
have also been coupled to CFD models to simulate piloted ignition of solid materials [59–
62], providing a more versatile tool than empirical correlations, able to simulate pyrolysate
ignition in various conditions. However, they often rely on simplified chemical kinetics that
cannot account for the mixing and ignition of pyrolysate in the exhaust gases of a pilot flame.
This issue is addressed in Chapter 6.
2.1.7

Oxidation reactions

The increase of the matrix porosity allows oxidative species contained in the surrounding
environment, such as water or oxygen, to diffuse into the composite in counterflow to the
pyrolysate convection. They can then react with the carbonaceous species (typically the
carbon fibers or the char layer) if the material’s temperature is sufficiently high (around 620
and 720 K for respectively PAN and pitch based fibers [23]). Therefore, fiber oxidation only
occurs when most of the matrix has pyrolysed and the exhaust gases have burnt [64]. It is
also worth noting that the char layer usually oxidizes before the carbon fibers [65], therefore
protecting them [23]. The oxidation being mostly an exothermic process, this heterogeneous
reaction increases further the material’s temperature [55]. Due to the high temperature
required and the protective effect provided by the char, carbon fiber oxidation has often been
neglected in previous modeling of fire tests [58], but is a major challenge in other situations
such as rocket nozzle erosion [66–70]. However, Chelliah et al. [71] investigated the reaction
rate of porous and non-porous graphite rods exposed to oxidizer flows. Figure 2.8 from [71]
shows that combustion radicals such as OH or O can have a major impact on graphite erosion
at elevated temperature. As these species are likely to be produced by the pilot flame, they
could have an impact on the sample oxidation.
2.1.8

Other effects

Other effects may occur due to the high temperatures, such as delamination, crack formation
or fiber-matrix debonding, and a reduction of the material mechanical properties. These
phenomena increase the permeability of the material and thus reduce the residence time of
the gas, altering the mechanisms of heat transfer by enhancing the convection cooling effect.
Moreover, delamination could have an insulating effect because of the gas layer intruding be-
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Figure 2.7 a) Time-to-ignition and b) heat release rate of various carbon fibers composites
when exposed to a heat flux of 75 kW m−2 (from [63]).

Figure 2.8 Numerical surface reaction rate as a function of temperature of non-porous (NP,
Figure a) and porous (P, Figure b) graphite rods exposed to oxidizer stream at a strain rate
of 200 s−1 (from [71]).
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tween the composite plies. Delamination begins usually at the onset of matrix pyrolysis [72].
Moisture evaporation, often neglected in studies, can also impact the ignition time and CO
production [25].
The processes listed above promote or reduce the composite thermal degradation, by influencing the material thermal properties or by absorbing or releasing heat from the pilot flame.
However, the certification test cannot provide a detailed insight on the role of these different
processes in composite combustion as such tests only provide a fail/pass verdict. Moreover,
they are very expensive to conduct and time consuming. The prediction of an expected
thermal response from a modeling effort has the potential to reduce the number of fire tests.
A detailed numerical investigation is however necessary to understand how these processes
interact.
2.2

The modeling of composite thermal degradation

Many authors have attempted to model the thermo-chemical degradation of heterogeneous
solid combustible materials such as polymer composites [44, 55, 57, 62, 64, 73–79], wood [80–
82] or solid rocket fuels [24, 83–85]. These models are often called pyrolysis models in the
literature and have been the subject of several literature reviews [22,23,25,50]. They require
a mathematical description of the thermo-chemical processes. Most of these models can
be divided in two categories. First, the semi-empirical approaches provide a macro-scale
description of the outcome of a fire test, without considering the micro-scale phenomena
occurring inside the sample. Then, the comprehensive approaches are based on conservation
equations and model as many transport phenomena as possible.
Empirical approaches are introduced in Section 2.2.1. Then, Section 2.2.2 presents some of
the most interesting comprehensive approaches.
2.2.1

The semi-empirical approaches

Semi-empirical approaches are the simplest way to model the pyrolysis of solid materials [74, 86–93]. They have been developed to describe the thermal degradation of composites
for the first time by Griffis et al. [94] in 1981 and later by McManus et al. [95]. They have
since been improved by Chen et al. [96]. These approaches have then been applied successfully to various fire resistance tests, including cone calorimeters [74, 86], Lateral Ignition and
Flame spread Test (LIFT) [88] or small-scale fire test [87, 89, 90]. Semi-empirical approaches
rely on assumptions and hypotheses specific to the standardized test, focussing on specific
quantities of interest (time-to-ignition, heat release rate, mass loss rate, etc) with analyt-
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ical solutions including empirical parameters. They are often based on a heat conduction
equation with apparent thermal properties incorporating the effects associated with the solid
chemical decomposition [91–93, 97]. An empirical law describes the variation of the thermal
properties as a function of temperature, for instance with the heat capacity. Such a relation
must capture the absorption or release of heat due to chemical reactions.
As an example, a semi-empirical approach was implemented by Quintiere [74] to predict the
heat release rate of from materials submitted to a room-corner fire test exposure. Before
the pyrolysis temperature is reached, the variation of temperature in the sample was computed with analytical solution of the heat equation, assuming that the sample was inert,
semi-infinite and that its properties did not change with temperature. Then, the onset of
pyrolysis was assumed to correspond exactly to the ignition of the composite and the solid
temperature remained constant during its decomposition. The HRR is estimated with the
heat of combustion (∆Hc ) and heat of gasification (∆Hg ), determined from bench-scale fire
test data, with a method typically valid for the steady-state burning of thick non-charring
ablative solids, which limits the range of application of the method [55]. The temperature of
the upper gas layer was predicted with a correlation specific to corner fire situations [98].
The main advantage of empirical approaches lies in their simplicity of development as they
do not rely on complicated numerical methods. Moreover, all input parameters required
for these models can be directly obtained from existing bench-scale fire tests [55], avoiding
the non-trivial measurement of the fundamental material properties from independent experiments requiring complex instrumentation. These approaches are perfectly well suited
for materials having an excessively complicated fire behavior that cannot be grasped by a
theoretical approach [99], such as composites. However, the extensive use of restrictive assumptions limits the range of validity of semi-empirical approaches to specific materials and
test conditions with which the source experimental data was obtained. The input parameters
must therefore be measured every time the material composition or the test conditions are
changed. For instance, the empirical model previously described considers the ignition temperature as a material property, but in reality pyrolysates ignite when reaching their lower
flammability limit, which depends among other on the intensity of the heat flux imposed on
the material, as well as on the atmosphere composition, etc [100]. Pyrolysate ignition can be
delayed because of a high strain rate in the gas layer [59]. Moreover, the solid temperature
corresponding to pyrolysate ignition and pyrolysis onset are not necessarily the same. Therefore, the ignition temperature measured in a cone calorimeter cannot be used in a fire test.
Finally, semi-empirical approaches do not always provide insight of the different phenomena
in interaction in the solid phase. As a result, they are of limited use to provide understanding
of the root cause of a material behavior under fire.
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2.2.2

The comprehensive approaches

Comprehensive methods have been developed to provide a model for the thermal degradation based on the physical processes occurring within the material. They are based on the
coupling of mass, energy and chemical models, described by conservation equations, and
are intended to be versatile and valid for a broad range of test conditions. The models described in this section mainly differ by the assumptions and simplifications made to obtain
a set of equations to solve. Some implement simple (single-step) or more complex reaction
mechanisms (multi-step), model the solid porosity, take into account the flow resistance in
the pores network, use detailed models to treat the transport phenomena and the effective
thermal properties or describe the solid and gas phase with two different temperatures (no
local thermal equilibrium). The models can be one-, two- or three-dimensional (respectively
1D, 2D or 3D) depending on the geometry assumed for the fire test. The main challenge for
thermo-chemical modeling is to balance complexity and computational cost with the assumptions needed to simplify the model and limit the number of empirical parameters necessary,
without compromising the ability of the code to capture effectively the physical behavior [55].
In general, comprehensive approaches follow a similar procedure. First, a thermal model provides the temperature profile as a function of the material properties and fire test conditions,
using with the conservation of energy. Then, a chemical model computes the mass loss rate
and heat release from chemical reactions with Arrhenius’s law, as a function of the material
temperature. Outputs from the chemical model, such as heat feedback and density variation, are used to update the material temperature and compute the transport of pyrolysates
through the material porosity with the conservation of mass. A conservation of momentum is sometimes added to model the pressure rise in the porosity due to the production
of gaseous species. The system of partial differential equations obtained is then discretized
numerically using Finite Element, Finite Volume or Finite Difference Methods (respectively
FEM, FVM and FDM). The material temperature and decomposition are sometimes used
in a thermo-mechanical model to compute the mechanical properties of the composite or the
thermal stress. These models usually focus on the solid phase and processes occurring in the
gas phase are modeled with empirical formulations or with a CFD software coupled to the
pyrolysis model.
The first comprehensive approaches were developed in 1946 to model wood pyrolysis [101]
and have been applied to composite pyrolysis for the first time in 1985 [73]. Generalized
comprehensive approaches, applicable to a wider range of materials and fire tests conditions,
have then been developed since 2007 [55]. Finally, comprehensive approaches have been applied to composite exposed to a pilot flame in the context of a fire test in 2012 [35]. The
different periods and most important works leading to the multi-physics modeling of com-
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posite exposed to fire is represented on a timeline in Figure 2.9 and are introduced with more
details in the following.
The modeling of wood pyrolysis
The first comprehensive pyrolysis models have been developed in the 1940s to investigate
the pyrolysis of wood. Bamford et al. [101] modeled the combustion of wood with a onedimensional transient heat equation with a source term accounting for the energy absorbed
or released by chemical reactions. The material properties were considered constant. The
model was straigthforward and easy to implement, although quite simple, when compared
to the numerous processes occurring in wood combustion. Their model was later improved
by Munson and Splinder [102] who considered thermal properties varying with the decomposition and gas flow through the porosity. Murty and Blackshear [103] used x-rays to
measure simultaneously the heat and mass transfer in wood combustion and compared the
measurement to numerical predictions, although the accuracy of 1D model suffered from 3D
effects inherent to the experiments. Nonetheless, they drew a space-time map showing the
location of the different processes occurring during wood combustion. They also showed
that the endo/exothermicity of wood pyrolysis depends on the solid temperature and that
char oxidation has a strong exothermic effect. Kung et al. [80] introduced the first truly
comprehensive numerical approach that included transient conduction, internal convection
of volatiles, Arrhenius-modeled decomposition of the matrix into volatiles and char, heat
absorbed by the pyrolysis and variable thermo-physical properties. Their model was later
improved by Kashiwagi [104] who investigated the decomposition of solid fuel exposed to
a radiative heat source. Kashiwagi considered both gas-phase reactions and in-depth absorption of radiation in the composite. Kansa et al. [81] added a momentum equation to
Kung’s model to account for the resistance of the porous solid to gas motion and the resulting pressure rise. Miller and Ramohalli [105] introduced a parameter describing the fibers
diameter to model the fibrous heterogeneity of wood. A 2D model of timber decomposition
was developed by Fredlund [106] and the predictions of a 2D and 1D models to simulate the
pyrolysis of lignocellulosic particles have been compared by DiBlasi [82], who showed that
the chemical decomposition was faster and produced more volatiles with a 2D modeling.
Even if these models focused on wood combustion, the physical processes modeled could
be applied to other charring materials and served as a basis to the modeling of composite
combustion.

25

Modeling of
fire tests

2010

2000

Generalized pyrolysis
models

Modeling of
composite
thermal
degradation

2017

2012
2008
2007

2001

Tranchard [53]
3D modeling of
a certification test
Sikoutris [35]
Modeled a fire
certification test
Stoliarov [134]
ThermaKin
Lautenberger [43]
Gpyro
Looyeh [116]
Modeled a multilayer configuration

1995
1992

1990

Sullivan [113]
First use of FEM
for pyrolysis model
1985

1980

Dimitrienko [42]
Investigated
thermal stress

Modeling of wood
thermal degradation
1977
1974

1970

1972

1960

1961

Henderson [73]
First model for
composite
pyrolysis

Kansa [81]
Modeled
pressure rise
Kashiwagi [104]
Added in-depth
absorption of
radiation
Kung [80]
First truly
comprehensive
approach

Munson [102]
Added convection
and variable
properties

1950
1946

1940

Bamford [101]
First model for
wood pyrolysis

Figure 2.9 Timeline for the evolution of the pyrolysis models based on comprehensive approaches.
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Pyrolysis models for composites
In 1985, Henderson et al. [73] were among the first to propose a truly comprehensive model
for composite thermal degradation and their work has since been considered as a reference.
With the knowledge gained in the modeling of wood pyrolysis, they modeled the thermal
degradation of glass fiber polymer composites exposed to high temperatures. Their model
included a detailed formulation for matrix pyrolysis and carbon-silica reactions [107]. In
particular, they modeled the pyrolysis with two reactions to account for the complex shape
of the curves representing the mass loss of the resin as a function of temperature. Their
model also accounted for movement of gas through the char structure and comprised a complete material characterization to measure all its temperature dependent properties [108]. To
investigate the validity of the hypothesis of local thermal equilibrium, they also used two
different equations for the conservation of energy, to compute the temperature of the gas
and solid phases. They demonstrated that the temperature difference between both phases
could reach up to 200 K, despite the local temperature of the composite often considered
uniform in the literature. In their case, the local thermal equilibrium assumption induced an
error of 17% in the prediction of the material temperature against experimental data. This
hypothesis has been later discussed by Zanoni et al. [109] for the smouldering combustion of
organic liquids. They showed that the temperature difference between sand and liquid could
reach 36% for the combustion of a hydrocarbon-contaminated soil. The so-called Henderson’s
model has since served as a reference for many of the upcoming studies.
The impact of the composite thermal degradation on its structure has been later investigated.
The one-dimensional model of Henderson et al. was later extended to three-dimensions by
Milke and Vizzini [110], with non-uniform boundary conditions to predict the cold face temperature of a carbon-epoxy composite exposed to a radiant heat source during 10 minutes.
The agreement of their model with experimental data was good until the onset of composite delamination after 6 minutes of heat exposure, after which the cold face temperature
was overestimated. This work highlighted the importance of accounting for the effect of
chemical decomposition on the composite thermo-structural response. To address this issue, thermochemical expansion and internal pressurisation were introduced to Henderson’s
model [45,111,112]. In particular, Florio et al. [45] applied the Henderson’s approach to a 0.03
m thick glass-phenolic sample exposed to a radiant heat flux of 279.7 kW m−2 and showed that
the pore pressure could reach 10 times the atmospheric pressure. At these level of pressure,
the composite is likely to undergo matrix cracking, fibre-matrix debonding and delamination
damage. Sullivan and Salamon [113] investigated the influence of the pyrolysate production
on the composite stress state with a coupled thermo-mechanical model. In particular, they
modeled the variation in pore pressure because of solid deformation. They were also one
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of the first researchers to use the FEM to solve the system of conservation equations in 2D
geometries. Their efforts were continued by Looyeh et al. who also used FEM to model glass
fibre reinforced panels exposed in a furnace [44, 75] and with complex 2D geometries [114],
investigating later thermo-mechanical response of a composite exposed to heat source [115].
They were also one of the first to study the thermal degradation of a sandwich panel instead of a single-layer composite, taking into account the effect of thermal layer resistance
in a multi-layer configuration [116]. Arguing that their work relied on empirical parameters
because of simplifying assumptions and the use of apparent properties, Galgano et al. [117]
proposed later another model for fibre-reinforced sandwich panels under fire conditions accounting for convective mass transfer, effective material properties, moisture evaporation and
surface ablation. Dimitrienko et al. [42, 118–120] investigated thermal stress and evolution
of thermo-mechanical properties of composites exposed to a heat source. In 1995, Gibson
et al. [121] developed COMFIRE, a coupling between thermal, chemical and mechanical
sub-models. COMFIRE has then been extensively used in many publications [122–127] to
investigate the thermo-mechanical behavior of glass fiber reinforced polyester, vinylester and
phenolic laminates. The thermo-mechanical analysis of composites exposed to heat source
revealed that some mechanical processes, such as delamination, had an important influence
on the composite thermal response by reducing heat transfer to the remaining virgin material. However, these processes remain very challenging to accurately model.
The thermal degradation of carbon epoxy composites has been modeled several times in
the literature. Using the material properties measured by Quintiere et al. [128], McGurn et
al. [129] predicted the one-dimensional thermal response of a carbon epoxy composite tested
in a cone calorimeter to different radiant heat fluxes. They modeled both the pyrolysis of
epoxy resin in the solid phase and pyrolysate combustion in the gas phase with a single-step
reaction. They predicted the heat release rate with a good qualitative agreement, and argued
that the remaining discrepancy between numerical and experimental data was due to three
factors: (i) uncertainties related to the cold face boundary conditions, (ii) oversimplification
of the gas-phase combustion reactions of pyrolysate and (iii) inadequate permeability model.
Arguing that the non-one-dimensional heat transfer had not been investigated by McGurn et
al. [129], McKinnon et al. [79] modeled the thermal response of a carbon/epoxy composite
in two dimensions. They also modeled the epoxy pyrolysis with a four reactions mechanism
instead of a single step reaction [128], which allowed them to greatly improve the accuracy
in their model. They validated their approach by exposing the material to a radiant heat
flux. Chippendale et al. [130] exposed a carbon/epoxy composite to very high radiant heat
flux (0.38 MW m−2 ) emitted by a laser beam, to investigate thermal response of composite
to lightning strike. The study of carbon/epoxy composites exposed to laser beams was later
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continued by Biasi [52]. Other researchers developed more recently one-dimensional thermal
degradation models for a composite submitted to a constant heat flux in a cone calorimeter [78, 131, 132].
The models cited above relied on many input parameters that had to be measured through independent experiments, as the number of unknown parameters increases rapidly with model
complexity. Some of these parameters, such as the reaction scheme, are very difficult to measure experimentally but have a great influence on the model outcome. In order to identify the
sources of inaccuracies, several authors analyzed the sensitivity of pyrolysis models to input
parameters [132–135]. Krysl et al. [133] varied independently each property and showed that
a perturbations of less than 5% of the pyrolysis activation energy, pyrolysate heat capacity
or char thermal conductivity induced a temperature variation of 50 K on the cold face of a
11 mm thick polyester-glass heated at 1300 K during 1000 s. Stoliarov et al. [134] demonstrated that the rate and heat of decomposition, as well as the char yield, had a significant
importance in the prediction of heat release rate. Chaos [135] estimated the sensitivity coefficient of each parameter as a function of time with a dynamic approach and confirmed results
Stoliarov et al.’s [134] results when applied to non-charring materials. Batiot et al. [136]
investigated specifically the sensitivity of the parameters describing the chemical decomposition and showed that variations of the activation energy and pre-exponential factor had
more impact on mass loss rate than variations in the reaction order and char yield. They
carried out their analyses on a single reaction scheme and did not investigate the influence of
the number and nature of reactions used to represent the mechanism. Intermediate reactions
were later added in chemical models to improve their predictive capabilities [137, 138], but
very different mechanisms had already been developed for the same type of matrix [79, 139].
There is therefore a lack of discussions about the optimal number and nature of intermediate
reactions that should be used in a reaction scheme. This issue is addressed in Chapter 5.
The development of generalized approaches
The assumptions allowing to derive a simplified set of governing equations from the conservation equations are often only valid for a specific class of material (thermoplastic, polymer,
charring, intumescent, etc) and their mathematical formalism cannot be applied to other
categories. To overcome this drawback, so-called generalized approaches have been developed since 2007. These methods are intended to be as versatile as possible and applicable
to any kind of material. When compared to classical comprehensive approaches, their main
characteristic is the use of an adaptable mathematical formalism, for instance accounting
for a variable number of phases and chemical reactions. Since 2005, four generalized approaches have been developed: Fire Dynamics Simulator [140], Gpyro [55], ThermaKin [76]
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and Pyropolis [64]. These models are based on nearly similar mathematical formulation, the
difference between them lying in the details of some specific submodels.
The first generalized approach has been developed by Mc Grattan et al. [140]. The software
Fire Dynamics Simulator (FDS) is a pyrolysis model coupled to a CFD software to simulate
both the thermal degradation of a composite material and the gas-phase reactions. The
condensed-phase model does not compute the mass transfer of pyrolysates through the solid
porosity and the volatiles are instantaneously released in the gas phase. The conservation of
momentum is not modeled so the pressure is considered constant in the solid phase. Local
thermal equilibrium is assumed between the solid and gas contained in the porosities. The
pyrolysis model accounts for heat conduction, temperature-dependent thermal properties,
heat production and in-depth absorption of radiation. Solid phase reactions are computed
with an Arrhenius equation with a n-order reaction model. Only a single reactant can be
defined in chemical reactions, which is suitable to model pyrolysis but not oxidation. Heat
transfers at the solid-gas interface are computed with a combination of forced and natural
convection modeled with correlations. The formulation of chemical reactions in the gas phase
is based on a straightforward lumped species approach and it is the responsibility of the user
to define complex reaction mechanisms.
Lautenberger and Fernandez-Pello developed Gpyro in 2007 [43, 55]. This generalized approach solves the conservation of mass and energy in the solid phase and offers the possibility
to model separately the gas and solid phases temperatures. Additionally, the conservation of
momentum can be solved as an option to predict variations of pressure. The conservation of
energy accounts for in-depth absorption of radiation, heat conduction, heat production from
chemical reactions, heat convection and transport of volatiles through the porosity. Heterogeneous and homogeneous chemical reactions are modeled with Arrhenius equation and
offer a wide variety of reaction models. Gpyro is coupled to optimization algorithms able to
determine the best input parameters improving the agreement between predicted and experimental values. Conservation equations can be solved in one-, two-, or three-dimensions.
Developed in 2008 [134, 141], ThermaKin solves the conservation of mass and energy in a
porous media. The movements of gas are driven by concentration gradients. It accounts
for conductive heat transfers, heat production from chemical reactions and transport of pyrolysates through the porosity. The conservation of momentum is implicitly included in the
gas flux formula. Penetration of external radiation is modeled with the Beer-Lambert law.
Chemical reactions are modeled with Arrhenius law with first-order reaction model with one
or two reactants. ThermaKin models one- or two-dimensional domains.
Snegirev et al. developped Pyropolis in 2013 [64]. It predicts the thermo-chemical behavior
of charring and non-charring materials exposed to a radiant heat source and accounts for ma-
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terial swelling. The model can be used for single-layer as well as multi-layer structures. Gas
diffusion through the pore network is neglected and gas convection is driven by pressure gradients. Solid and gas phases are in local equilibrium and radiation through semi-transparent
medium is neglected. The model accounts for intumescence, which means that the domain
boundary can expand during the simulation. Pyropolis models one-dimensional domains.
One of the main differences between Pyropolis and previous generalized approaches lies in
the chemical model. In Pyropolis, no kinetic function is pre-assumed but is rather derived
directly from TGA or MCC (Microscale Combustion Calorimeter) measurements. Several
parallel reactions are then implemented in the reaction scheme to account for the complex
shape observed in experimental data.
As the generalized approaches described above implement similar mathematical approaches,
it appears that a consensus has been reached in the fire community about the processes that
must be considered to simulate a composite exposed to fire. Most of these models allow to
model matrix pyrolysis with complex chemical mechanisms, as this process has been identified
as a major source of inaccuracies in previous comprehensive approaches [134, 135]. However,
the choice of the reaction scheme is left to the user and the determination of an appropriate
reaction scheme remains one of the main challenges [142]. Thermo-chemical models suffer
from another limitation: the chemical models and material properties are based on experimental data very difficult to measure. For example, the properties of the char layer or the
parameter defining the reaction kinetics are especially challenging to obtain [50]. Information
related to different classes of materials can be found in the literature but this data cannot
be generalized because: (i) the processing of materials is non-deterministic mainly due to
the manufacturing specificities; (ii) there is no reference data on the properties of decomposition products, such as the char layer. Hence the material properties have to be thoroughly
measured for each material system. It is also worth noting that all of these approaches have
been solved with FVM or FDM but none of them has been solved with FEM, although this
approach is often considered more appropriate for multi-physics modeling [143].
The modeling of composites exposed to fire
Most of the comprehensive approaches previously introduced described a composite exposed
to radiative heat sources, which simplifies the modeling as the heat flux is well characterized
and homogeneous over the composite surface. The modeling of the gas phase was also often
decoupled from the solid phase and therefore the interaction between an external flame and
the pyrolysates emitted by the composite was not considered in the simulations. As a result,
the models assumed that the composite was exposed to a controlled and constant heat flux,
neglecting the influence of pyrolysate ignition and flame spread. Yet, a reactive heat source

31
such as an external flame is much more realistic than a radiative heat source to address
the requirements for composite fire walls. It provides a non-constant heat transfer over the
composite surface and produces combustion products that influence the composite ignition
and oxidation.
Comprehensive approaches have been applied to composites exposed to fire. In those cases,
the flame was represented by different means. An oven with a temperature program intended to represent a hydrocarbon fire curve was sometimes used [117, 121, 125, 144, 145], for
instance following the ISO 834 requirements [146–148]. A hydrocarbon fire curve is a timedependent temperature program representative of small petroleum fires. Gibson et al. [121]
applied the Henderson model to glass fiber reinforced polymer panels exposed to a reactive
heat source using a hydrocarbon fire curve. This work was continued by Dodds et al. [125]
and Wang [144], who modeled the fire behavior of a glass fibers panels exposed in a furnace
programmed to follow the hydrocarbon fire curve.
A real pilot flame has more scarcely been used. McManus and Springer [149, 150] developed
a one-dimensional thermo-mechanical model specifically developed for carbon-carbon and
carbon-phenolic composites exposed to a propane torch. The flame heat flux was modeled
as a uniform convective term on the sample surface, and the pyrolysate ignition and carbon
species oxidation were not considered. Sikoutris et al. [35] modeled the thermo-chemical response of a flat panel exposed to propane burner according to the ISO 2685:1998 [15]. The
non-uniform heat flux from the propane burner on a flat panel has been simulated by means of
CFD. The flux was then considered as frozen, which means that its value did not vary during
the entire test and corresponds to the maximum heat tranfer rate. The heat feedback from
pyrolysate ignition was therefore neglected. This was intended to be a worst-case scenario
as in reality the heat flux from the pilot flame to the composite decreases as the composite
temperature increases. Gibson et al. [57] modeled the thermo-chemical behavior of thermoplastic and thermosetting composites exposed to a small-scale fire test. They validated their
model with a calibrated propane burner yielding a heat flux of 50 kW m−2 on composites
under tension or compression. The heat feedback from pyrolysate ignition was not modeled.
Tranchard et al. [53, 58] developed a three-dimensional model predicting the heat transfer
and degradation of a carbon-epoxy composite exposed to a propane flame. The convection
coefficient accounting for heat transfer from the pilot flame to the composite was adjusted
to represent the heat flux measured on the composite at the initial time step. Another term
accounting for the inflammation of pyrolysates near the surface was included. The value of
this heat feedback was empirically computed with the heat release rate measured under a
Mass Loss Cone Calorimeter test.
Fully coupled solid-gas models have also been developed for the piloted ignition or flame

32
spread of combustible materials [52, 59–62, 151, 152] or gasification experiments in a cone
calorimeter [62]. Lautenberger et al. [59] investigated the ignition of samples exposed to
radiant heat flux in a convective oxidizer flow in microgravity with the CFD software Fire
Dynamics Simulator (FDS) [140]. Xie and Desjardin [60] coupled CFD and pyrolysis models to investigate flame spread over composite samples for different inclination angles. The
combustion of pyrolysate was modeled with a global one-step reaction. They showed that
the heat flux received by the material varied with time because of pyrolysate combustion,
although a common hypothesis in the literature is to assume that the heat flux is constant
over the sample surface. Luo et al. [151] modeled the thermal response of a composite exposed to a pilot flame with a coupled CFD-pyrolysis modeling. Combustion reactions in the
gas phase were modeled with single-step chemical kinetics. Their results showed that the
heat feedback from pyrolysate ignition had an important influence on the heat transfer to
the wall and therefore could not be neglected. Marquis et al. [152] used FDS to model glass
fiber reinforced polyester sandwich composites exposed to fire. Pyrolysate combustion was
again modeled with a global one-step reaction. A critical pyrolysate concentration was used
to determine the time-to-ignition. Kacem et al. [61] studied open-air combustion by coupling
a CFD code featuring turbulence, combustion and radiation with a thermo-chemical model,
through a solid-gas interface. They showed that the correlations used in some CFD software
to model the gas-solid interface led to inaccurate predictions because the specific situation
modeled by correlations did not always represent the conditions of the fire test. The work of
Boyer [62] is one of the most recent investigation of non-charring solid fuel ignition. Boyer
predicted with a good agreement the mass loss rate and heat release rate of polymers exposed
to a radiant heat flux in a cone calorimeter. The combustion of pyrolysate was modeled with
a one-step global reaction of hydrocarbon oxidation, with an equivalent hydrocarbon fuel
chosen to represent the species emitted by pyrolysis. His results showed that the heat feedback from pyrolysate combustion varied a lot with the nature of the considered material.
The works previously described recognized that the influence of the heat feedback from pyrolysate combustion on the composite thermal response cannot be neglected [60, 151] and
depends on the nature of the material exposed to heat [62] and fire test conditions. In the
context of a fire test, the pyrolysate combustion is also affected by the composition of the
exhaust gases from the external flame, which in turn depends on the calibration method
used to reach the heat flux and flame temperature specified in the certification test [15, 153].
The modeling of pyrolysate combustion must therefore be adaptive to different fire test conditions. However, pyrolysate combustion was often neglected [35,57] or modeled with empirical
parameters [58] that must be inferred experimentally for each set of test conditions and material composition. Pyrolysate combustion was sometimes modeled with simplified chemical
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kinetics [60, 62, 151, 152], such as global one-step reactions. However, these methods cannot capture the numerous species and intermediate reactions involved in an atmosphere of
complex composition, such as the exhaust gases from the pilot flame. Therefore, the use of
global one-step reactions has to two consequences: first, it leads to an inaccurate prediction
of the flame temperature from pyrolysate combustion. Indeed, global one-step reactions do
not take into account the heat absorbed by the endothermic dissociation reactions or heating
of other species not directly involved in the combustion. Second, the time-to-ignition cannot
be directly modeled with a global one-step reaction and empirical methods are required [56],
based for instance on a critical mass flow rate of pyrolysates [129], critical material temperature [74] or critical fuel mass fraction in the gas phase [59,152]. These methods are therefore
specific to the material under investigation and fire test conditions and lose their validity
in another context, which is contradictory with the need to have a modeling of pyrolysate
combustion adaptive to the calibration process for the pilot flame.
In reality, a mixture ignites when the heat generated by chemical reactions exceeds heat
losses, which favors the creation of chain carriers leading to thermal runaway. This process
involves hundreds of intermediate reactions, including chain branching reactions, which are
the key to understand the ignition process [54]. More complex reaction mechanisms are
available to model the pyrolysate combustion. For instance, GRI Mech 3.0 [154] has been
developed for natural gas combustion and involves 53 species and 325 reactions, and is therefore able to model in great detail the composite ignition as a function of the atmosphere and
pyrolysate composition. Other mechanisms are also available for more complex hydrocarbons [155–157]. These mechanisms could be implemented in two- or three-dimensional CFD
simulations, but CFD modeling of combustion applications is a very complex task and most
of the current simulations are limited to flames in simple configurations with no reacting
solid phase [158, 159]. However, chemical kinetics software such as Cantera [160] model very
complex reaction mechanisms in simplified one-dimensional CFD simulations, and therefore
offer a good compromise between a detailed chemical kinetics and accurate CFD simulations.
To the best of the author’s knowledge, such tools have not been coupled to pyrolysis models
in the context of a fire test.
2.2.3

Coupling strategies

In the works previously introduced, the modeling of composite exposed to fire requires the
coupling of several sub-models: chemical model and thermal model in the solid phase, flame
structure and pyrolysate ignition in the gas phase. Sometimes, a mechanical model is also
used to predict the variation of mechanical properties as a function of temperature and
decomposition degree. The term coupling indicates that some variables are involved simulta-
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neously in several partial differential equations solved in different sub-models. The coupling
strategy enables to treat different equations sharing the same variables at each time step. For
instance, chemical reactions and thermal properties both depend on the solid temperature,
derived from the conservation of energy whose source term comes from chemistry modeling.
Furthermore, the convective heat transfer depends on the gas-phase flame structure but is
also a boundary condition in the pyrolysis model. The term coupling architecture refers to
the way in which different sub-models interact with each other and is related to several parameters: coupling level (strong or weak), nature of data exchanged (material properties,
boundary conditions, source volume terms, geometry), data transfer direction and solution
order (which equation must be solved first?).
Multi-physics problems fall into two categories, depending if the coupling level is strong or
weak [143]. The term weak is used when it is not necessary to compute the interactions
between two physical phenomena at every time step [143]. Two weakly coupled algorithms
provide separate solution methods and exchange data periodically. This is for example the
case for the flame-composite coupling if the influence of the solid on the gas flow is neglected.
The flame reaches a stationary state while the solid temperature barely begins to increase
and therefore it is not necessary to model the flame at each iteration: only the stationary
state is computed at the first step and not updated hereafter. This modeling is straightforward and can be established with any CFD software, but does not capture the influence
of the composite thermal decomposition on the flame, as needed for example to model the
pyrolysate ignition.
The problem is said strongly coupled if all algorithms must be called at each solution step.
This is the case for the thermo-chemical algorithms: pyrolysis and oxidation kinetics depend
on the solid temperature, which is influenced by the heat released or absorbed by both chemical reactions. The problem implies therefore a volume source term on thermal side and a
thermal interaction on chemical side [143].
The data transfer direction must also be considered. It can be unidirectional, if the data
travels only from one algorithm to the other, or bidirectional, meaning the data are exchanged between the algorithms. Bidirectional data transfer is not always necessary, for
example with the temperature-dependent mechanical properties computation. Thermodynamics strongly affects mechanical properties, but the effect of the latter on thermal profile
is negligible [57, 123, 124]. On the contrary, the data transfer between thermal and chemical
algorithms is bidirectional, because of the strong dependency of each algorithm on the outcomes of the other as seen above.
On the basis of the parameters described above, three coupling architecture can be chosen [143]:
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1. Fully coupled: strongly coupled codes, for example thermo-chemical modeling, are
solved simultaneously in a single algorithm. This approach implies solving coupled
processes in a single matrix.
2. Multiple modules: several software packages or codes are coupled and controlled
by a driver routine. Each physical phenomenon is controlled by one sub-model that
exchange data with the driver routine and other sub-models at each iteration.
3. Leader and followers modules: this approach is close to the multiple modules
method, except that the main algorithm ensures the role of driver routine and calls the
other modules. This method is often used when several inputs of slave codes depend
on the outcomes of another code, which becomes the main code.
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CHAPTER 3

3.1

OBJECTIVES AND MOTIVATION

Critical discussion

Although the constant development of comprehensive approaches in the last 30 years led to
major improvements in the modeling of the thermal response for a composite exposed to high
temperatures, important points required more investigations:
• Physics of composite combustion: the thermal degradation of a composite exposed
to a heat source is the result of the close interaction of chemical and thermal processes.
In particular, solid phase chemical reactions such as pyrolysis and oxidation drives the
loss of density of the composite, thus affecting thermal properties. The heat feedback
from pyrolysate ignition also plays a major role in the composite degradation. Heat
conduction in the solid phase and convection in the material porosity must be considered
to develop a realistic model.
• Modeling of the thermal degradation: comprehensive methods based on the conservation of mass, energy and momentum in a porous medium can be used to model
the thermal degradation of various classes of materials, such as composites. Even if
these methods can account for a broad range of fire test conditions, they have been
mostly applied to radiative heat source. Reactive heat sources such as pilot flames have
been more scarcely investigated. In particular, the impact of the pilot flame operating
parameters on the composite ignition and fire resistance has not been studied.
• Material characterization: pyrolysis models based on comprehensive methods have
proved to be valuable tools, but are still extremely reliant on input parameters such
as the material properties, which are challenging to measure at high temperatures.
The number of parameters increases with the model complexity and most of the times,
their value varies significantly with temperature. Each material simulated in a pyrolysis
model must be thoroughly characterized.
• Modeling of the reaction scheme: although sensitivity analyses indicate that chemical reactions modeling has a significant influence on the prediction of the material decomposition rate, the complexity of the chemical kinetics implemented in state of the
art models is still limited. As a result, kinetics models do not often capture the effect of
intermediate steps, which can be significant. A more detailed modeling of the chemical
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reactions has the potential to improve the prediction of the material decomposition
rate. Several multi-steps reaction schemes must be developed and compared.
• Modeling of pyrolysate ignition: despite its potentially important impact on the
material degradation, the pyrolysate ignition has been often neglected or modeled with
empirical parameters. CFD software have been coupled to pyrolysis software, but they
rely on simplified chemical kinetics that cannot represent the ignition of pyrolysates
mixed with pilot flame exhaust gases. A better modeling of pyrolysate ignition in
complex atmosphere is required to adequately model the outcomes of fire tests.
3.2

Objectives

The objective of this research is to develop a multi-physics modeling tool providing the
material decomposition rate as a function of time and of the fire test conditions. This model
must account for all relevant physical processes, while overcoming the limitations identified
in the literature review. More specifically:
1. Modeling of the thermal response of a composite material: heat transfer
through a composite exposed to a reactive heat source will be modeled to determine
the thermal profile between the hot and cold faces, as well as the decomposition rate
from pyrolysis and oxidation. The model will account for conduction in the solid phase,
production and movement of pyrolysates through the material porosity, convective heat
transfers and heat absorbed by chemical reactions. The different physical processes will
be coupled into an in-house multi-physics tool, based on a comprehensive approach.
The model will be developed with Finite Element Method. (Chapter 4).
2. Modeling of the thermal decomposition and residual mass of a carbon fiber
epoxy matrix composite with a phenomenological approach: effect of the
reaction scheme: the reaction mechanism describing the material pyrolysis and oxidation will be inferred from TGA with use of isoconversional methods. In particular,
the optimal number and nature of chemical reactions describing the material decomposition will be discussed. The effect of the reaction scheme on the residual mass of the
composite will be investigated (Chapter 5).
3. Multi-physics modeling of the ignition of polymer matrix composite exposed
to fire: the pilot flame will be modeled with a chemical kinetics software to determine
the composition of its exhaust gases in which the pyrolysate will mix and ignite. A novel
architecture based on the coupling of the chemical kinetics software and the pyrolysis
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model will be developed to address the mixing and ignition of the pyrolysates in the
pilot flame exhaust gases (Chapter 6).
4. Characterization of the thermal properties of a carbon/epoxy composite: the
material under investigation will be fully characterized and its temperature-dependent
thermal properties measured, such as thermal conductivity, heat capacity, density
(Chapter 6).
5. Model validation against a small-scale fire test: the outcomes of the model
will be compared to a small-scale fire test mimicking the conditions encountered in a
certification fire test. In particular, the numerical and experimental time-to-ignition
and backface temperature will be compared (Chapter 6).
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CHAPTER 4

MODELING OF THE THERMAL RESPONSE OF A
COMPOSITE MATERIAL

A model is a simplified vision of reality. The objective of modeling is to predict the response
of a system to an excitation, represented by source terms and boundary conditions. The
response is the set of variables of interest describing the system over space and time, for
instance mass, momentum and energy. Their variation is described by transport equations
constituting the model, that are then discretized and solved by means of numerical methods [161].
First, the conceptual model developped here to investigate the fire resistance of composites is
defined in Section 4.1, describing the assumptions on which the model is built, the transport
processes considered and the composition and properties of the system. Then the mathematical model is defined in Section 4.2. It is the mathematical expression of the conceptual model;
the equations constituting the model, fluxes influencing the transport of the variables and
source terms and boundary conditions at the origin of the excitation of the system. Finally,
the mathematical model is solved with numerical methods in Section 4.3.
4.1
4.1.1

Conceptual model
Model overview and assumptions

The predictive tool is intended to model heat transfer and thermo-chemical decomposition
of a composite material exposed to fire. The model is developed with a generalized and
comprehensive approach, which means empirical laws are avoided as much as possible and
the model must be valid for a wide range of materials and conditions. To achieve this goal,
the development is based on conservation of mass, momentum and energy, applied on a small
volume at an arbitrary position inside the sample (referred to as the control volume) and as
a function of the sample properties. The formulation is adaptable to a variable number of
gaseous and solid phases, to different reaction mechanisms and offers different methods to
compute its thermal properties.
The model implements (i) the temperature dependence of the sample properties, such as
thermal conductivity, heat capacity, etc; (ii) conductive and convective heat transfer inside
the material; (iii) convective and radiative heat flux on the hot face of the material; (iv)
thermo-chemical decomposition of the solid components, for instance pyrolysis of the polymer
matrix and oxidation of carboneceous species; (v) pressure rise because of the production of
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gaseous species.
The model does not feature (i) material swelling and shrinkage, for instance because of
intumescence, delamination or accumulation of gas in the sample; (ii) Creation and movement
of liquid, for instance tar; (iii) Vaporization of liquid phases (water, tar); (iv) Radiation
through semi-transparent medium.
The model is based on the following assumptions:
1. The moisture content of the sample is neglected.
2. The diffusivity D (m2 s−1 ) is assumed to be the same for all gaseous species and equal
to the kinematic viscosity ν (m2 s−1 ) [43].
3. The control volume remains constant, which implies that the variation of mass and
density are equivalent.
4. The sample is represented by a 1D domain, beginning at the point where the external
flame impinges on the hot face of the sample and ending on the cold face. The domain
is straight and orthogonal to the sample surface.
5. Solid and gas components are in local thermal equilibrium, which implies that both
components have the same temperature in the control volume. This hypothesis is
justified as long as the volumetric heat capacities of the solid species remain much
larger than that of the gaseous species, which implies that the gas reaches very rapidly
the solid temperature as it flows through it. This assumption avoids the need to solve
separate energy conservation equations for both phases.
6. The gas behaves following the perfect gas law, which means that inter molecular attraction and molecular size are neglected. This law is appropriate for small molecules
(for instance monoatomic gases) at low pressure and high temperatures, far from the
critical point. It is worth noting that the gaseous species emitted during composite
decomposition, for instance pyrolysates, can yet be complex and do not have a zero
volume; moreover, the pressure increases because of gaseous species production and
can reach several times the atmospheric pressure.
7. The entire void space contained in the composite, i.e. its pores, is interconnected. This
implies that gaseous species may flow through the composite from pore to pore, which
allows to be considered and treated numerically the composite as a porous medium.
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4.1.2

Multi-components approach: preliminaries and definitions

A composite material is made up of several distinct solid phases, for instance matrix, fibers,
or other reinforcement, but also contains gaseous species transported or stored in the initial
porosity of the material, or appearing during its thermal decomposition. For instance, the
char and its porosity constitute a distinct porous medium composed of both solid and gaseous
species. Similarly, a tow of carbon fibers exposed to oxidation is also permeable to gaseous
species, first because a tow is not perfectly impermeable to gas transport, and also because of
the pores formed by the attack of oxidative species. In this regard, a composite material can
be considered as an ensemble of several distinct porous media, in the sense that every small
volume at the mesoscopic level always contains both solid and gas phases, in the form of a
solid component with an interconnected network of pores [161, 162]. A convention is needed
to represent a group of species that can conveniently be considered numerically as a single,
homogeneous porous medium to compute their thermal properties. In this work, all species
contained in the composite are modeled in groups referred to as entities or phases. A phase
is a group of several distinct chemical species homogeneously distributed at the same state
(solid or gas). An entity represents a combination of solid and gaseous phases that form one
of the distinct porous medium constituting the composite; for instance the porous char layer,
matrix or carbon fibers are all considered as entities. By assumption, the void space within
each entity is distributed homogeneously at the mesoscopic scale.
Figure 4.1 represents a conceptual view of a control volume containing N different entities (a
carbon-epoxy composite exposed to fire). The control volume is represented at the mesoscale,
an intermediate scale between the microscopic (representing the microstructure of the material) and macroscopic scales (representing the material in its environment, i.e. the fire test).
During fire exposure, the entity porous matrix decomposes through pyrolysis into the entity
porous char that contains two phases: a solid phase (the char itself) and a gaseous phase (the
gas contained in the porosity). Similarly, the entity carbon fibers contains two sub-phases,
a solid phase (the carbonaceous compound) and a gaseous phase (the gas contained in the
porosity), that appears during its oxidation. This figure is conceptual in the sense that it
represents the material in the way a model sees it. It is not a zoom into the material, because
in that case the distinction between phases would not be as clear as represented on the figure. This view allows to identify rapidly the different phases and entities, which is useful to
estimate their volume or mass fractions. However, it does not provide information about the
geometry of the different phases, which is primordial to estimate the thermal conductivity of
the composite.
The distinction between entity and phase is important to compute the thermophysical properties as a function of the material decomposition. First of all, the volume fraction Xi of
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(before degradation)
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Entity 1 (matrix)

Entity 1 (matrix)

Phase 1.1 (solid matrix)

Phase 1.1 (solid matrix)

Phase 1.2 (initial porosity)
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Entity 2 (fibers)

Entity 3 (char)
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Phase 2.1 (solid fibers)
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Phase 3.1 (solid char)
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Figure 4.1 Illustration of a control volume containing several entities: a porous matrix, a
porous char layer and non-porous carbon fibers. Although the domain is one-dimensional,
the control volume has been drawn in 2D for better understanding.
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each entity i is given by:
Xi =

Vi
Vtot

(4.1)

where Vi is the volume of entity i and Vtot the total control volume. It is worth noting that
N
X

Xi = 1. This definition applies not only to the entity, but also to the phases constituting

i=1

it. For instance, the volume fraction of the gaseous and solid phases composing the entity i
are defined as:
Vip
(4.2)
Xip =
Vtot
where the indexes ip denotes the solid (p = s) or gaseous (p = g) phase composing the entity
i. Finally, the volume fraction can be defined not only with respect to the control volume
but also with respect to the total solid or gaseous phases:
Xip,p =

Vip
Np

X

(4.3)

Vip

i=1

where Np indicates the total number of solid or gaseous phases in the control volume. The
index notation used in this work is summarized here:
• Xi : volume fraction of entity i
• Xis : volume fraction of the solid phase composing entity i
• Xig : volume fraction of the gas phase composing entity i
• Xis,s : volume fraction of the solid phase composing entity i with respect to the total
volume of all the solid phases
• Xig,g : volume fraction of the gas phase composing entity i with respect to the total
volume of all the gaseous phases
A distinction must also be made between the absolute density ρi , that is the density of a
control volume containing only the entity i, and the weighted bulk or effective density ρ̄i , that
is the density of entity i with respect to a control volume containing several different entities:
ρ̄i = ρi Xi

(4.4)
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In the following, an overbar indicates effective quantities, defined with respect to the control
volume. The total density ρ̄ of the control volume is then given by:
ρ̄ =

N
X

Xi ρ i =

i=1

N
X

ρ̄i

(4.5)

i=1

In the same manner, the effective density of all the gaseous or solid phases are represented
by ρ̄p :
ρ̄p =

Np
X

(4.6)

Xip ρip

i=1

Then, the mass fraction is defined as:
ρi
ρ̄i
mi
= Xi
=
mtot
ρ̄
ρ̄
ρ̄ip
=
ρ̄p

Yi =
Yip,p

(4.7)
(4.8)

where mi and mtot are respectively the mass of the phase i and of the sample. Again,
N
X

Yi = 1.

i=1

The porosity represents the quantity of gas stored in pores appearing during the decomposition. It is defined as the volume fraction of void in each entity. The porosity φi is computed
from each species bulk density as:
φi = 1 −

ρ̄i
Xig
=
ρ̄i,0
Xi

(4.9)

where ρ̄i,0 corresponds to the effective density of the non-porous entity i over control volume.
Finally, the total porosity is given by:
φ̄ =

N
X
i=1

Xi φi =

N
X

Xig

(4.10)

i=1

Appendix C provides an example of application for all the equations introduced in this
section.
4.1.3

Modeling of the thermophysical properties

The behavior of a material under fire attack depends on its thermal and physical properties, notably its thermal conductivity λ (W m−1 K−1 ), heat capacity cp (J kg−1 K−1 ), sensible
enthalpy h (J kg−1 ), permeability κ (m2 ), and emissivity  (−), among others. The tempera-
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ture dependence of each property Pi is defined in the model with a polynomial interpolation,
typically of order 5 at the maximum:
Pi (T ) =

n
X

Cij T j

(4.11)

j=0

where Cij is the jth polynomial coefficient of the ith thermo-physical property, and T is
the temperature (K). The parameters Cij are chosen empirically to fit experimental data
representing the property Pi as a function of temperature.
Finally, the permeability is a function of the pore system, properties of gas mixture and
porosity. It is calculated with the empirical formulation [106, 114]:
κi = κ0 exp(κ1 φi )

(4.12)

where κ0 (m2 ) is the inital porosity and κ1 a curve fit coefficient. This equation was initially
proposed by Fredlund for wood and was later used successfully by Looyeh [114] for composite
combustion. Other formulations are also possible [64,162] but they are all based on empirical
formulations. As the pore pressure depends on permeability, the curve fit coefficient can be
computed with a prediction-correction method [144] to represent the pressure experimentally
measured in the composite. In that case, the models do not really predict the pressure but
rather use the pressure experimentally measured to provide a better estimation of gas flow
through the material porosity.
Once the properties of each phase have been calculated as a function of temperature, the
effective thermophysical properties of the entire control volume are computed with mass fraction Yi (enthalpy h, heat capacity Cp ) or volume fraction Xi (thermal conductivity λ, density
ρ, porosity φ, radiative absorption , permeability κ, molecular mass M (kg mol−1 ) [55]:
P̄ =
P̄ =

N
X
i=1
N
X

Xi .Pi

(4.13)

Yi .Pi

(4.14)

i=1

This method consisting in defining overall properties on the basis of mass or volume fraction
is referred to as mixture rule in the following. This method is straightforward but does
not provide information about the geometry of the phases and therefore cannot be used
to compute the anisotropic thermal conductivity. The thermal conductivity of the control
volume is computed as a function of the properties and geometries of its entities, following
two main steps:

46
1. The conductivity of each entity i is computed as a function of its gaseous and solid
phases ig and is, depending on the expected geometry of the pore distribution. If the
porosity is assumed to consist of spheres homogeneously distributed in the solid phase,
the conductivity of the porous medium is computed with Maxwell’s model [163]:
"

λi = λis

λig + 2λis + 2φi (λig − λis )
λig + 2λis − φi (λig − λis )

#

(4.15)

This assumption is realistic for the porous char layer, as the influence of gaseous species
on the matrix pyrolysis is neglected. In that case, the matrix decomposition is assumed to occur homogeneously inside the control volume as its temperature is constant.
However, this assumption can be unrealistic when the decomposition of a solid phase
depends on its exposition to another gaseous species, for instance the carbon fibers
oxidation. In that case, the geometry of the porosity distribution can be influenced by
the direction of diffusion of the oxidative species. For this reason, a second equation is
defined and consists of a weighted sum of two extreme geometries, represented by the
Voigt and Reuss models:
φi
1 − φi
λi = WF ((1 − φi )λis + φi λig ) + (1 − WF )
+
λis
λig

!−1

(4.16)

where WF is the user-chosen weighting factor that varies between 0 and 1 to represent
the geometry of the pore distribution.
2. The conductivity of the composite depends on the geometry of its phases arrangement.
Again, different methods have been implemented, depending on the composite geometry. First, a general equation consisting of the weighted sum of the Reuss and Voigt
models was defined:
λ̄ = WF

N
X
i=1

Xi λi + (1 − WF )


N 
X
Xi −1
i=1

λi

(4.17)

This equation has been implemented in the model to yield a versatile method, adaptable
to many different configurations through the parameter WF , as the model developped
here is intended to be a generalized approach. However, some equations found in the
literature are adapted to specific geometries. For instance, the Clayton model [164]
is specifically developed for plain-weave composites, and is also implemented in the
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following:
v

!2

u
λm u
λf
t
−1
λ̄ =
 (1 − Xf )2
4
λm


! 2

4λf
λf
+
− (1 − Xf )
−1 

λm
λm

(4.18)

where the index m and f refer to the matrix and fibers.
4.1.4

Modeling of the decomposition rate

Single reaction
Consider a single reaction during which a solid phase (S1) is consumed to produce another
solid phase (S2) and gaseous species (GAS):
S1 = θc S2 + (1 − θc )GAS + q

(4.19)

where q is the heat of reaction and θc is the mass stoichiometric coefficient (kg/kg). For
instance, in case of pyrolysis, S1 is the polymer matrix, S2 the char and GAS the pyrolysates.
In case of oxidation, θc = 0.
The rate of decomposition of this reaction (kg m−3 s−1 ) is given by:
E
∂ρS1
= f (ρS1 )A exp −
∂t
RT




(4.20)

A is the pre-exponential factor s−1 , E the activation energy J mol−1 , R the perfect gas
constant J mol−1 K−1 and ρS1 the density of the reactant S1. f (ρS1 ) represents the reaction
model, i.e. the dependence of the reaction on the decomposition degree. The reaction
model can take many different forms, whether the reaction is accelerating, decelerating or
sigmoidal [47]. The most common reaction model is the n-order law, which provides:
"

ρ̄S1 (t) − ρ̄S1,∞
k = (ρ̄S1,0 − ρ̄S1,∞ )
ρ̄S1,0 (t) − ρ̄S1,∞

#n



A exp −

E
RT



(4.21)

where n is the reaction order (−), ρ̄S1,0 and ρ̄S1,∞ are the initial and final (at the end
of decomposition) densities of species S1 and nj the order of the reaction (−). In case
of oxidation, Equation 4.21 is multiplied by the mass fraction of oxidizer [52]. The three
parameters (Aj , Ej and nj ) form the so-called kinetic triplet. The reaction rate of the species
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involved in reaction 4.19 is computed as [47]:
∂ ρ¯S1 (t)
= −k
∂t

(4.22a)

∂ ρ¯S2 (t)
= θc k
∂t

(4.22b)

∂ ρGAS
¯ (t)
= (1 − θc )k
∂t

(4.22c)

Generalization to a system of n reactions
Consider a system of reactions composed of Nr equations including Ni different species,
occurring in the sample during fire exposure. The reaction rate of each reaction j is computed
according to equation 4.21. Then, the consumption or production of each species i is given
by:
Nr
X
∂ ρ̄i
θij kj
(4.23)
=
∂t net j=1
The total density variation of gaseous or solid phase is computed as:
∂ ρ̄p
∂t

=
net

Np
X
i=1

∂ ρ̄ip
∂t

=
net

Np Nr
X
X

θij kj

(4.24)

i=1 j=1

where the index p indicates solid (p = s) or gaseous (p = g) species.
4.2
4.2.1

Mathematical model
The conservation equation

The composite exposed to fire can be described by several extensive variables of interest,
for instance the energy U , mass m and quantity of movement mv. The variation of these
variables is obtained by global theoretical laws applied on a control mass, that is a system
representing an arbitrary quantity of matter constituting the entire composite or exposed to
fire [165], as depicted in Figure 4.2. It is worth noting that the control mass represents the
initial mass of the composite (matrix and fibers) and all products from the decomposition of
the solid phase (pyrolysates); the control mass is, by definition, constant:
∂msyst
=0
∂t

(4.25)
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Then, the variation of momentum is given by the Newton’s second law:
X

F = ma =

∂mv
∂t

(4.26)

Finally, the variation of energy is given by the first law of thermodynamics:
∂Q ∂W
∂U
−
=
∂t
∂t
∂t

(4.27)

These laws act on the control mass and describe the global state of the entire material at an
arbitrary moment. However, they cannot provide insight on the processes occurring inside
the composite during its thermal degradation. Local equations valid for every small volume
inside the composite are required.
The Reynolds Transport Theorem, which is a 3D generalization of the Leibniz integral rule,
allows to convert the mathematics of the global theoretical laws so that they can be applied
to a control volume (a small volume at a specific location, through which mass and energy
may cross) instead of a control mass (a quantity of mass exchanging only energy with its
surrounding). Consider a system described by an extensive property B, i.e. proportional
to the quantity of matter in the system. This extensive variable can be converted to its
intensive form by β = ∂B/∂m, where ∂m is a small variation of mass. The Reynolds
Transport Theorem provides a relation between the extensive and intensive variables [165]:
∂B
∂t

CM

Z
∂ Z
βρ(v · n)dS
βρdV +
=
∂t CV
CS

(4.28)

where the indexes CM and CV refer to the control mass and the control volume, with CS
the control surface, i.e. the boundary of the control volume. ρ is the density, V the volume of
the control volume and S the surface of the control surface, v the flow velocity at the control
surface with respect to the control surface normal n, pointing outward. The variation of an
extensive property can be written in a general form as a sum of a source term and a diffusive
term:
Z
Z
∂B
=
j β · ndS +
Sβ dV
(4.29)
∂t CM
CS
CV
where Sβ represents the source term, that is the creation or absorption of β inside the
control volume, and j β represents the diffusive flux of B through the boundaries. The flux
j β is defined by the product of the generalized force driving the flux, i.e. the gradient of
the variable β, by the parameter Γβ that represents the capacity of the medium to transport
β [166]:
j β = Γβ × ∇(β)
(4.30)
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Of course, the gradient of the dependent variable β is not the only force driving the fluxes
acting on the system, but the objective is to develop a general equation adaptable to different
situations. For instance, γβ and β can be the diffusion coefficient D and concentration in
the Fick’s first law. If another flux driven by the gradient of another variable is acting on
the system, it can be expressed as a part of the source term. If there is no diffusive term
in a particular situation, Γβ can be set to 0 [166]. Finally, equations 4.28 and 4.29 contain
surface integrals that can be transformed into volume integrals with the Gauss-Ostrogradsky
theorem:
Z
Z
j β · n dS =
∇ · j β dV
(4.31)
CS

CV

Combining Equations 4.28, 4.29, 4.30 and 4.31 provides the integral form of the generalized
conservation equation of the intensive property β:
Z
Z
Z
∂ Z
j β · n dS +
Sβ dV
βρ dV +
βρ(v · n) dS =
∂t CV
CS
CV
CS

(4.32)

The integral form of the conservation equation is not suitable for a numerical analysis. Other
assumptions are required to derive the local form of Equation 4.32. First, the sample is
assumed to behave as a continuum, which means that its properties do not vary significantly
over distances of the order of magnitude of the mean free path, as it would be the case if
shock waves were present or for an extremely diluted gas. Then, the local equilibrium is
assumed, i.e. the global equilibrium is verified on each point of the control volume [167].
These two hypotheses allow to write the conservation equation in their local form, here in
1D [166]:
!
∂β
∂
∂ρβ ∂ρvβ
+
=
Γβ
+ Sβ
(4.33)
∂t
∂x
∂x
∂x
The first term on the left hand side is the storage term, which accounts for the variation of
β inside the control volume. The second term on the left hand side is the convective term,
representing the flux of β by transport of matter, with ρv = ṁ. The first term on the right
hand side is the diffusive term, which accounts for the flux of β without transport of matter.
The second term on the right hand side is the source term, accounting for the production
or consumption of β, when applicable. The advantage of developing a general form for the
conservation equation is to manipulate any differential equation useful for the problem so that
it meets to the standard form assumed in numerical studies, which simplifies the modeling
of conservation equations derived in new configurations, such as the one treated here. It is
worth noting that when Equation 4.33 is applied to a control volume containing both gas
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and solid phases, the convective term applies only to the gas phase, therefore:
∂
∂β
∂ρβ ∂ρg vg β
+
=
Γβ
∂t
∂x
∂x
∂x

!

+ Sβ

(4.34)

If applied to the entire control volume, this last equation can further be simplified. Expanding
the first two derivatives provides [143]:
∂ρ ∂ρg vg
β
+
∂t
∂x

!

∂β
∂β
∂
∂β
+ρ
+ ρg vg
=
Γβ
∂t
∂x
∂x
∂x

!

+ Sβ

(4.35)

The first term on the left hand side represents mass conservation or continuity. If the conservation equation is applied to the entire control volume (including both gas and solid phases),
this term is 0, as the variation of mass in a fixed volume equals the net flow across its surface.
This allow to simplify the conservation equation to:
∂
∂β
∂β
∂β
+ ρg vg
=
Γβ
ρ
∂t
∂x
∂x
∂x

!

+ Sβ

(4.36)

One initial and two boundary and conditions are required to compute the transport of β. The
initial conditions consist in defining the value taken by β at the first time step. The boundary
conditions depend on the way the environment is acting on the sample on each face. Three
possibilities have been implemented (illustrated here on the hot face of the pyrolysis model
domain, i.e. x = 0):
• Dirichlet boundary conditions: the value of β is imposed on the extremity of the
domain and does not vary:
β(x = 0) = β0
(4.37)
• Neumann boundary conditions: the flux of β is imposed on the extremities of the
domain. This condition can be used to represent, for instance, impermeable surfaces
to heat of mass transfers:
∂β
= jβ,0
(4.38)
∂x x=0
• Robin boundary conditions: the flux of β is imposed, with a retroactive parameter
hc updated at each iteration to represent the evolution of the interactions between the
sample and the environment.
∂β
∂x

= hc (βenv − β0 )
x=0

(4.39)
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In the following, the general conservation equation is applied on different variables and control
volumes, that are described in Appendix D.
4.2.2

Conservation of solid species

First, the general equation of conservation 4.33 is applied to the solid phase is of the composite. The solid part of the control volume is isolated (ρ = ρ̄s , m = ms ) and the extensive
variable defining the mass of the solid species is is: B = mis = ms Yis,s . Therefore, the
intensive variable associated to B is β = ∂(ms Yis,s )/∂ms = Yis,s By assumption, only gaseous
phases can cross the control volume boundaries, which implies that the diffusive and convective terms of equation 4.34 are zero: Γβ = 0 and v = 0. The source term is defined as the
net variation of mass of species is:
SYis =

Nr
X

θij kj

(4.40)

j=1

As the conservation equation is applied on a control volume containing the solid phase only,
Equation 4.34 cannot be used and Equation 4.36 must be used instead. It provides:
Nr
∂ ρ̄s Yis,s X
θij kj
=
∂t
j=1

(4.41)

Considering that ρ̄s Yis,s = ρ̄s ρ̄is /ρ̄s = ρ̄is , this equation can be written in a more compact
form:
Nr
∂ ρ̄is X
=
θij kj
(4.42)
∂t
j=1
At the initial state,
4.2.3

∂ ρ̄is
∂t

= 0.

Conservation of gas phase mass

Equation 4.33 is applied to the total gas phase (ρ = ρ̄g and m = mg ). The extensive variable
of interest is the total mass of the gas phase: B = mg and β = ∂mg /∂mg = 1. The gaseous
species contained in the material may flow toward the environment or be stored within the
porosity of the material. The only flux acting on the control volume is the convective flux
as gaseous species are transported by the flow of gas through the porosity. However, the net
total diffusive flux of gaseous species is 0, as each gaseous species diffuses into another. The
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Composite
Control mass

Burner
x

Consumption
source term

x

x+dx
diffusive flux out

diffusive flux in

convective flux out

convective flux in

Production
source term

Control volume

Figure 4.2 Illustration of the difference between control volume, i.e. a small volume whose
boundaries are permeable to mass and energy transfers, and control mass, i.e. an arbitrary
amount of mass, permeable only to energy transfers. The horizontal arrows on the control
volume indicate flux in and out. The vertical arrows indicate source terms, which are the
production or consumption of the variable of interest inside the control volume.
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source term is defined as the total variation of mass of all the gaseous species:
Sg =

Ng
X
i=1

∂ ρ̄ig
∂t

=

Ng Nr
X
X

(4.43)

θij kj

i=1 j=1

net

As the conservation equation is applied on a control volume containing the gas phase only,
Equation 4.36 must be used, providing:
N

g Nr
X
∂ ρ̄g ∂ ρ̄g v X
+
=
θij kj
∂t
∂x
i=1 j=1

It is worth noting that ρ̄g =

Ng
X

(4.44)

Xig ρig . The pores being all interconnected, the density of

i=1

every gaseous phase is assumed to be the same, therefore ρ1g = ρ2g = ... = ρg . As φ̄ =

Ng
X

Xig ,

i=1

which leads to:
ρ̄g = φ̄ρg

(4.45)

The gas density is computed with the perfect gas law:
ρg =

P M̄
RT

(4.46)

Injecting Equation 4.46 into Equation 4.44 yields the equation for the conservation of gas
phase mass:
Np Nr
X
∂ρg φ̄ ∂ρg φ̄v X
θij kj
(4.47)
+
=
∂t
∂x
i=1 j=1
If the gaseous species are assumed to flow through the composite with no resistance, the
pore pressure remains constant and the mass flow rate can be directly computed from the
conservation of mass by integrating Equation 4.47. It provides:
Z L



Np Nr
X
X



∂ρg φ̄ 

ṁg = ρg φ̄v =
θij kj −
dx
∂t
xcv
i=1 j=1

(4.48)

where L is the composite thickness and xcv the location of the control volume on the x-axis.
It is worth noting that the second term in Equation 4.48, representing the accumulation of
ρ̄is
gas inside the porosity, can be neglected most of the times. At the initial state, ∂∂t
= 0. If
the system should also be solved for pressure, another method is required to calculate ṁg , as
will be seen in the following.
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4.2.4

Conservation of gaseous species

Equation 4.34 is applied to the gas phase (ρ = ρ̄g and m = mg ). The variable of interest
is the partial mass of the gaseous species ig (B = mig = Yig,g mg ), and its intensive variable
form is therefore β = ∂(Yig,g mg )/∂mg = Yig,g . Both convective and diffusive fluxes must be
considered, as well as the net creation of species ig:
Sig =

Nr
X

(4.49)

θij kj

j=1

Assuming that the gas can be treated as a continuum, the diffusion flux depends on the
concentration gradient of species ig and is calculated with Fick’s law (Γβ = ρ̄g D):
jYig,g = −ρ̄g D

∂Yig,g
∂x

(4.50)

where JD,j is the diffusive flux of gaseous species j (kg m2 s−1 ) and D the diffusivity (m2 s−1 ).
Injecting Equations 4.45, 4.48 and 4.50 in Equation 4.34 yields:
∂
∂Yig,g
∂ φ̄ρg Yig,g ∂ ṁg Yig,g
+
=−
φ̄ρg D
∂t
∂x
∂x
∂x

!

+

Nr
X

θij kj

(4.51)

j=1

Neglecting the time and space derivative of φρg and ṁg , when compared to that of Yig,g , the
conservation of mass reduces to:
∂Yig,g
∂Yig,g
∂
∂Yig,g
φ̄ρg
+ ṁg
=
φ̄ρg D
∂t
∂x
∂x
∂x

!

+

Nr
X

θij kj

(4.52)

j=1

One initial value and two boundary conditions are required to solve this equation. At the
initial state, Yig,g = 0 in the whole computational domain. The mass flux of the gaseous
species ig is defined with the heat transfer analogy [55]:

4.2.5

jYig,g

x=0

jYig,g

x=L


hc,0 
Yig,g |∞ − Yig,g |x=0
c̄pg

hc,L 
Yig,g |∞ − Yig,g |x=L
=
c̄pg

=

(4.53)
(4.54)

Conservation of energy

The conservation of energy is applied simultaneously to all phases of the sample, as gas and
solid are assumed to be in local thermal equilibrium (hypothesis 5), leading to ρ = ρ̄ and
m = mcv in Equation 4.36. The enthalpy is the extensive variable of interest (β = H). For
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solids, liquids and ideal gases (hypothesis 6), the enthalpy and specific enthalpy are given by:
dH = mcv c̄p dT

(4.55)

dh = c̄p dT

(4.56)

Assuming that dc¯p is negligible when compared to dT , the H(T ) equations simplify into [166]:
H = mcv c̄p T = B

(4.57)

h = c̄p T = β

(4.58)

Convection and conduction are both transporting heat into the system. The diffusive term
is modeled with Fourier’s law:
∂T
(4.59)
jh = λ
∂x
Therefore, Γβ = λ/cp in Equation 4.30 [166]. Finally, the source term Sβ corresponds to the
total heat absorbed or released by the chemical reactions occurring in the control volume:
Sh =

Nr
X

(4.60)

kj qj

j=1

The injection of B, β, Γβ and Sβ into Equation 4.36 yields:
∂c̄pg T
∂
∂c̄p T
+ ρ̄g v
=
ρ̄
∂t
∂x
∂x

λ̄ ∂cp T
c̄p ∂x

!

+

Nr
X

kj qj

(4.61)

j=1

Neglecting the spatial and temporal variation of c̄p compared to those of T , the equation can
be simplified as:
!
Nr
X
∂
∂T
∂T
∂T
ρ̄c̄p
+ ṁg c̄pg
=
λ̄
+
kj qj
(4.62)
∂t
∂x
∂x
∂x
j=1
One initial condition and two boundary conditions are required to solve this equation. At
the initial state, the temperature is equal to the environment temperature in the whole
computational domain. The heat flux is defined with a Robin boundary condition to account
for the convective heat transfer on both hot and cold faces:


jh |x=0 = hc,0 T |∞,0 − T |x=0




jh |x=L = hc,L T |∞,L − T |x=L



(4.63)
(4.64)
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4.2.6

Conservation of gas phase momentum

A last equation describing the pressure rise inside the composite is required. The modeling
of pressure rise is optional in the code presented here. If the pressure is not computed
and assumed to be constantly equal to the environment pressure, Equation 4.48 is used to
determine ṁg . This choice corresponds to a situation in which the gas flows through the
composite without resistance. However, in reality, the resistance of the pore network to gas
flow provokes a pressure rise inside the porosity, and the pressure gradient drives the mass
flow rate. If this pressure rise is considered, Equation 4.34 is again applied to the total gas
phase (B = mg and β = 1), but the gas phase density is computed using the ideal gas law:
ρg =

P M̄
RT

(4.65)

Moreover, the effect of the pressure rise must be considered to model the mass flow rate
through the porosity. If the pressure is computed, ṁg is calculated with the Darcian law:
ṁg = −

κ̄ ∂P
ν ∂x

(4.66)

Injecting Equations 4.46 and 4.66 into Equation 4.47 yields:
M̄ φ̄
∂ PRT
∂
=
∂t
∂x

κ̄ ∂P
ν ∂x

!

+

Np Nr
X
X

θij kj

(4.67)

i=1 j=1

One initial condition and two boundary conditions are required to solve this equation. At
the initial state, the pressure is equal to the environment pressure P0 in the whole computational domain. The pressure is then fixed on the extremities of the domain with a Dirichlet
Boundary condition:

4.3

P |x=0 = P0

(4.68)

P |x=L = P0

(4.69)

Numerical method

In this section, the numerical method used to solve simultaneously the conservation equations
derived in the previous section are introduced. First, the finite element formulation is derived
and the time step resolution is introduced. Finally, the complete code algorithm is presented.
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4.3.1

Finite Element Formulation

The finite element method consists in subdividing the computational domain into n subdomains, also called finite element. Each element Ωe is constituted of two nodes to which
a value of β is assigned. Between two nodes, β(x, t) is approximated by an interpolation,
represented by an approximation function ψ e (x):
β(x, t) ≈ β e (x, t) = β e (t)ψ e (x) =

2
X

βje (t)ψje (x)

(4.70a)

j=1
2
∂ψ e (x)
∂ψ e (x) X
∂β(x, t)
∂β e (x, t)
≈
= β e (t)
=
βje (t) j
∂x
∂x
∂x
∂x
j=1

(4.70b)

2
X
∂βje (t) e
∂β e (t) e
∂β(x, t)
∂β e (x, t)
≈
=
ψ (x) =
ψj (x)
∂t
∂t
∂t
∂t
j=1

(4.70c)

where β e is an approximation of β over the element Ωe , ψ e (x) is the approximation function
vector, ψje (x) the jth term of the approximation function and βje (t) the jth term of the
dependent variable vector.
The Finite Element formulation is applied to the general conservation Equation 4.36. First,
all the terms of Equation 4.36 are regrouped on one side of the equality and multiplied by a
weight function w. Then, the expression is integrated over the element domain Ωe , yielding
the weighted-residual statement of Equation 4.36:
∂β e
∂β e
∂
∂β e
0=
w ρe
+ ṁeg
−
Γeβ
∂t
∂x
∂x
∂x
Ωe
Z

"

!

#

− Sβe dx

(4.71)

This equation contains a second derivative of β e with respect to x, which requires ψje to
be twice differentiable with respect to x. This requirement can be weakened by using an
integration by parts on the second derivative term:
∂β e
∂β e
∂
w
Γeβ
dx = wΓeβ
∂x
∂x
∂x
Ωe
!

Z

"

#

−

Z
Ωe

Ωe

∂w e ∂β e
Γ
dx
∂x β ∂x

(4.72)

Injecting Equation 4.72 into Equation 4.71 yields the weak formulation:
Z
Ωe

e ∂β

wρ

e

∂t

dx +

Z
Ωe

∂β
wṁeg

e

∂x

dx +

Z
Ωe

∂β e
∂w e ∂β e
Γβ
dx = wΓeβ
∂x
∂x
∂x
"

#

+
Ωe

Z
Ωe

wSβe dx

(4.73)

According to the Bubnov-Galerkin method, the weight function φ is chosen to be equal to
the approximation function ψ. As two independent algebraic equations are required to solve
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for the two unknown dependent variables on each element, two independent functions are
chosen for w: w = ψ1e , w = ψ2e . Injecting Equations 4.70a to 4.70c into Equation 4.73 yields
the ith equation on the ith node of element Ωe :
2 Z
X
j=1

Ωe

ψie (x)ρe ψje (x)dx
+



∂ψ e (x)
dx
ψie (x)ṁeg j

"Z
2
X

∂x

Ωe

j=1

∂βje (t)
∂t
+

∂ψie (x) e ∂ψje (x)
Γβ
dx βje (t)
∂x
∂x
#

Z
Ωe

"

∂β
ψie (x)Γeβ

=

e

#

∂x

+

Z

Ωe

Ωe

ψie (x)Sβe dx (4.74)

The other advantage of the integration by parts is to introduce naturally the boundary
conditions, which appear in the first term on the right side of Equation 4.74. This term can
be evaluated on each node composing one element of length l using equation 4.30:
"

First node

∂β
ψ1e (x)Γeβ

#
e l

=

∂x

ψ2e (x)Γeβ

Second node

∂β
Γeβ

∂β e
∂x

!

−

ψ1e (0)

∂β
Γeβ

l

e

∂x

!
0

−j eβ (0)

(4.75)

#l

= ψ2e (l) Γeβ
0

=

e

∂x

0

=
"

ψ1e (l)

∂β e
∂x

!

− ψ2e (0) Γeβ
l

∂β e
∂x

j eβ (l)

!
0

(4.76)

Injecting Equations 4.75 and 4.76 into Equation 4.74 and regrouping all the terms, it provides
the finite element model:
e
C e β̇ + K e β e = F e
(4.77)
With:
e

C =

Z l

ψ eT (x)ρe ψ e (x) dx

(4.78a)

0
e

K =

K e1

+

K e2

=

Z l

ψ

eT

0

Z l
∂ψ eT (x) e ∂ψ e (x)
(x)
dx +
Γβ
dx
∂x
∂x
∂x
0

∂ψ
(x)ṁeg


e

F =

F e1

−

F e2

=

e



−j eβ (0)

j eβ (l)

−

Z l
0

ψ eT (x)Sβe dx

(4.78b)
(4.78c)

where ψ eT is the transpose of ψ e . C e and K e are called the capacitance and coefficient
matrices. It is worth noting that their terms depend on the element properties (ρe , Γeβ , etc),
which in turn depend most of time on the intensive parameter β e or its derivative. Therefore,
an intermediate value of β must first be estimated to calculate the element matrices before
predicting the actual value of β with Equation 4.77 [143].
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The simplest definition of the approximation function ψ e (x) is a linear interpolation, defined
on each element Ωe such as:
#
"
l−x x
e
(4.79a)
ψ (x) =
l
l
∂ψ e (x)  −1 1 
=
(4.79b)
∂x
l l
Once the element matrices have been defined for the general form of the conservation equation, they are computed for each conservation equation constituting the model, as shown in
Appendix E.
The element matrices C e , K e and F e must then be assembled to give the global matrices C,
K and F covering the entire computational domain. This step must obey two rules: first,
the dependent variable β must be continuous. Then, the fluxes must be balanced between
consecutive elements [143]. This implies that the interior fluxes −j β (0) and j β (l) between
two elements cancel each other. The only remaining terms in F are the fluxes on each extremity of the computational domain, i.e the Neumann or Robin boundary conditions. The
assembly is achieved by the following algorithm [114]:
C=

Ne
X

Ce

(4.80a)

Ke

(4.80b)

Fe

(4.80c)

e=1

K=

Ne
X
e=1

F =

Ne
X
e=1

4.3.2

Time-step algorithm

The differential equation 4.77 can be used to predict the evolution of temperature over time.
The duration of the fire test is divided into m discrete time steps and the duration of an
interval is ∆t = tn+1 − tn , where n indicates the time step number. The variation of β in one
time step is described by [143]:
∂β a
β n+1 − β n
=
(4.81a)
∂t
∆t
β a = (1 − Θ)β n + Θβ n+1

(4.81b)

where the superscript a denotes the approximation of β used to compute the element matrices
and θ a parameter varying between 0 and 1, indicating the type of differentiation method
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used. Injecting in Equation 4.77 and regrouping all the terms provides:

β

#−1

C(β a )
+ ΘK(β a )
=
∆t
"

n+1

F (β a )

C(β a )
+
+ ΘK(β a )
∆t
"

#−1 "

C(β a )
+ (Θ − 1)K(β a ) β n (4.82)
∆t
#

If Θ = 0, the temperature temporal derivative is approximated with the forward difference
method, which requires few computer resources but implies stability conditions on the time
step ∆t. Θ = 0.5 is the Crank-Nicholson approximation, which is unconditionally stable and
second-order accurate but is affected by noise if the time step exceeds a critical threshold.
Finally, Θ = 1 is the backward difference method, unconditionally stable [143]. The choice of
the differentiation method is let to the user and can be changed depending on the situation.
Due to the non-linearity of Equation 4.77, the fixed point method is set up to investigate the
convergence of the code. Convergence is achieved when the variation of the model variables
changes by less than a user-chosen threshold between two iterations. A relative convergence
criterion is defined by [55]:
β j − β j−1
< rtol
(4.83)
min(β j−1 , )
where j is the iteration number,  is a small value to avoid dividing by zero and rtol the
relative tolerance desired (typically 10−5 ). Finally, Figure 4.3 represents the code algorithm.
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Simulation starts
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Figure 4.3 Algorithm representing the simulation steps.
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CHAPTER 5
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DECOMPOSITION AND RESIDUAL MASS OF A CARBON FIBER EPOXY
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EFFECT OF THE REACTION SCHEME
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Abstract
The thermal decomposition of Polymer Matrix Composites (PMCs) is a complex process involving hundreds of reactions and species which is often modeled with simplified one-step
schemes. These schemes can be improved by adding intermediate reactions of different nature
(competitive, parallel, consecutive). However, the optimal number and nature of intermediate
reactions is rarely discussed. In this paper, several reaction schemes of increasing complexity
have been developed to model the decomposition of a carbon/epoxy composite. The kinetic
parameters describing each reaction have been extracted from Thermogravimetric Analysis
(TGA) by means of isoconversional methods. The composite mass loss rate and residual
mass have been modeled and compared to TGA and tube furnace data. This research shows
that adding parallel or consecutive intermediate reactions improves the agreement against
TGA data compared to a single-step model, but only competitive reactions can account for
the variation of the residual mass observed in the tube furnace when the heating rate is varied.
Keywords: isoconversional methods, pyrolysis, oxidation, reaction mechanism, carbon/epoxy
laminate, Polymer Matrix Composite (PMC), Thermogravimetric Analysis (TGA)
5.1

Introduction

Polymer Matrix Composites (PMCs), and more specifically carbon/epoxy composites, are
extensively used in modern aircrafts [7], from cabin to primary and secondary structures, including the engines’ "cold zone". For this test application, some powerplant components need
to act as firewalls and must meet strict certification guidelines to ensure airworthiness [15].
Composites used in this context undergo thermal degradation, a complex phenomenon driven
by several closely coupled thermal, chemical and physical processes [18]. Comprehensive py-
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rolysis models [43, 64, 76, 140] have been developed to improve the understanding of composite degradation at high temperatures and support the design of new fire-resistant materials.
These models are more versatile than empirical approaches, insofar as they are based on
the conservation of mass, energy and momentum. However, comprehensive pyrolysis models
require extensive material characterization, to estimate input parameters for the material
properties as well as for the chemical reactions leading to the material decomposition.
Inaccuracies on input parameters can drastically reduce the model agreement against experimental data. However, sensitivity analyses have shown that the reaction scheme itself used to
model the composite chemical decomposition has the most significant influence on its overall
thermal behavior and more specifically on the material ignition, which leads rapidly to the
complete degradation of the samples [134,135]. In particular, the four parameters having the
most influence on the average mass loss rate of a polymer exposed to a heat source are the
activation energy, the pre-exponential factor, the heat of reaction and the char yield. Unfortunately, detailed reaction schemes are not available, as the thermal decomposition of a
carbon/epoxy composites involves hundreds of reactions and intermediate species [168], that
will vary with the composites chemical composition. This difficulty is compounded when
considering the thermal decomposition of resins which constituents can change significantly
between manufacturers. The lack of knowledge of the exact resin composition imposes the
use of phenomenological approaches, based on mathematical interpretation of experimental
data taking into account the nature of the phenomena at play rather than strictly chemical
and physical considerations. There is therefore a need to identify the appropriate level of
complexity to implement in thermochemical decomposition models to improve their accuracy,
taking into account the material properties that can conveniently be obtained experimentally
for model inputs.
The complete reaction scheme is often summarized into one or a few global one-step reactions,
in which the polymeric matrix decomposes into char and gas through pyrolysis [129,130,169–
173]. This reaction can then be characterized with Thermogravimetric Analysis (TGA) or
Differential Scanning Calorimetry (DSC) under an inert atmosphere using so-called isoconversional methods [47]. Several authors [79, 137–139] improved their reaction scheme by adding
intermediate reactions even if the real detailed mechanism remains partially, or totally, unknown. The intermediate reactions can either be competitive, parallel or consecutive [174].
For instance, Rein et al. [137] developed a five-step scheme composed of a combination of
competitive and consecutive reactions to model the smoldering combustion of polyurethane
foam. Lautenberger and Fernandez-Pello [175] modeled the oxidative pyrolysis of wood with
a scheme composed of 4 consecutive heterogeneous reactions and 2 homogeneous reactions.
Kim et al. [138] evaluated several reaction schemes describing the decomposition of fiberglass

65
composites and concluded that increasing the complexity of the reaction scheme is sometimes
unjustified. There is therefore a need to assess the ideal mechanism complexity as a function
of the composite constituents.
For carbon/epoxy composites, McKinnon et al. [79] modeled the thermo-chemical decomposition of a laminate using TGA data, with consecutive reactions used to fit the complex
shape of the single peak visible in the mass loss rate curve. Tranchard et al. [139] modeled
the pyrolysis of an epoxy-based system with two main competitive reactions, to account for
the variable residual mass observed when the heating rate is changed. In the aforementioned
schemes, the knowledge of the chemical processes at play is only partial, which justifies the
use of phenomenological approaches based on easily accessible experimental data. However,
in most cases, the influence of the nature and number of the reactions used has not been discussed. The existence of two fundamentally different schemes describing the thermo-chemical
decomposition of the same type of matrix (i.e. epoxy resins) demonstrates that there is a
need to systematically compare different phenomenological modeling approaches.
Moukhina [174] recently showed that several different reduced reaction schemes can capture
the mass loss curve with a good agreement at specific heating rates, even if they are very
different from the complete reaction scheme. The same author however pointed out that
differences between models could increase when the heating rate is varied, in particular for
the residual mass after thermal decomposition. This parameter depends directly on the char
yield, which is very important in fire test simulation as it directly influences the quantity of
insulating char formed on the hot face of the sample, protecting the composite from further
heat transfer. The char yield also directly controls the proportion of combustible pyrolysates
emitted to the surface and potentially leading to composite ignition, and is therefore a key
parameter to predict the material mass loss rate in fire test [134]. Considering the difference
of heating rates encountered in TGA (1−50 K min−1 ) and in a real fire test (> 500 K min−1 ),
there is a need to optimize the reaction scheme not only in terms of mass loss rate but also
residual mass. Unfortunately, the residual mass of a composite sample is subject to high
variability in TGA because of the small size of the sample that cannot ensure a consistent
matrix volume fraction in each sample, representative of the actual material composition.
The volume fraction of each phase varies indeed locally in a composite [176, 177]. The use
of an equipment able to degrade bigger samples, such as a tube furnace, can overcome this
difficulty. In the literature, tube furnaces and TGA have already been used in combination
to investigate plastic pyrolysis [178] or coal combustion [179].
The objective of this work is to investigate the influence of the nature and number of intermediate reactions on the ability of phenomenological thermal decomposition models to capture
the mass loss rate and residual mass of PMCs. First, the theory of reaction rates in solids
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and isoconversional methods is reviewed and theoretical expressions for schemes involving a
variable number of intermediate reactions of different nature are derived. Then, kinetic parameters are obtained from TGA measurements with the isoconversional methods and used
to develop schemes of increasing complexity. Finally, the choice of the nature and number of
intermediate reactions in the reaction scheme is discussed by comparing the model outcomes
to TGA and residual mass data. A carbon/epoxy material system is used as an example in
this study, but the method developed here is intended to be generalized on a wide variety of
polymer composites evaluated in fire tests.
5.2
5.2.1

Theory
Background on reaction rate in solids

The decomposition rate of a solid exposed to a heat source is often represented by the degree
of decomposition α, which is a parameter varying from 0 (material not degraded) to 1 (fully
degraded material) as:

α=

m(t) − m0
m∞ − m0

(5.1)

where m(t), m0 , m∞ are the current, initial and final mass of the sample (kg). The reaction
rate in solids can be calculated as a function of the temperature T (K), decomposition degree
α and pressure P (Pa) as [47]:
dα
= k(T )f (α)h(P )
dt

(5.2)

with k(T ) (s−1 ) being the temperature-dependent decomposition rate. Assuming that the
gaseous products are continuously evacuated, the pressure dependence can be neglected and
h(P ) = 1. The influence of the decomposition degree is accounted for by the reaction model
f (α), which can take many different forms, whether the reaction is accelerating, decelerating
or sigmoidal [47]. The most common reaction model is the n-order law f (α) = (1 − α)n ,
where n is the reaction order (−). Finally, the temperature dependence is represented by the
Arrhenius equation:


k(T ) = A exp −

E
RT



(5.3)

where A is the pre-exponential factor (s−1 ), E the activation energy (J mol−1 ) and R the ideal
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gas constant (J K−1 mol−1 ). Combining Eqs. 5.2 and 5.3 provides the equation commonly
used in kinetic analysis of solids exposed to heat as:
dα
dα
E
=β
= f (α)A exp −
dt
dT
RT




(5.4)

where β is the heating rate (K s−1 ) obtained by the chain rule. The accuracy of the reaction
scheme depends strongly on the kinetic triplet (A,E,n) that must be inferred experimentally,
typically through Thermogravimetric Analysis (TGA) or Differential Scanning Calorimetry
(DSC).
5.2.2

Background on isoconversional methods

The isoconversional principle states that the reaction rate at a constant extent of conversion
is only a function of temperature, allowing the determination of the activation energy independently of the reaction model f (α). Isoconversional methods are divided in two categories:
differential and integral methods, whether the analysis is performed on differential (DSC) or
integral (TGA) data [47].
The differential isoconversional methods consist in taking the logarithm of Equation 5.4:
dα
ln β
dT

!

= ln(f (α)Aα ) −
α,β

Eα
RTα

(5.5)

where the indices (α,β) denote respectively the specific decomposition degree and the heating rate at which the calculation is done. Then, assuming that f (α) is constant for each


dα
decomposition degree, the slope of the curve of ln β dT
plotted against T1α provides − ERα .
α,β
This method advantageously avoids the use of mathematical approximations or assumptions
about the form taken by f (α), but the application of the differential method to integral data
requires numerical differentiation that induces noise, leading to inaccuracies [47].
The integral isoconversional methods are based on the direct analysis of integral data such
as those provided by TGA. The integration of Equation 5.4 yields:
Z α
0

AZ T
E
dα
=
exp −
f (α)
β 0
RT


Introducing the change of variable: T =
Z α
0

E
Ry



dT

(5.6)

E
⇒ dT = − Ry
2 dy leads to:
E

dα
EA Z RT exp(−y)
=−
dy
f (α)
Rβ +∞
y2

(5.7)
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exp(−y)
The integral p(yf ) = y∞
dy (with yf = E/RT ) can be approximated by several methy2
f
ods after an integration by parts [180]. Starink [181] demonstrated that all mathematical
approximations of Equation 5.7 can be summarized by the following general equation:

R

β
ln
Tαk1

!

= −k2

E
+ k3
RTα

(5.8)

where the constants k1 and k2 depend on the integral approximation used. For instance,
(k1 ; k2 ) = (2 ; 1) in [182], (k1 ; k2 ) = (0 ; 1.052) in [183, 184], (k1 ; k2 ) = (1 ; 1) in [185] and
(k1 ; k2 ) = (1.92 ; 1.0008) in [181]. Flynn [186] insisted on the necessity to use an adequate
approximation for the range considered for yf . These approximations lose accuracy if yf is
small, typically yf < 15 [181]. For epoxy pyrolysis, previous studies reported an activation
energy close to 180 kJ mol−1 [128, 169], which yields an yf varying from 18 to 70. For
this range, the Starink parameters offer the best accuracy and are thus used in this study.
Depending on the values taken by the parameters E and A, several reaction models f (α)
can describe a single experimental curve in cases of complex decomposition, where a linear
relation exists between the apparent values of E and A [187]:
"

βdα/dT
Eα,j
+ ln
ln(Aα,j ) =
RT
f (α)

#

= aβ + bβ Eα,j

(5.9)

α,j

with Aα,j and Eα,j being the apparent Arrhenius parameters for each j reaction model and
aβ and bβ constants depending on the heating rate β. In other words, Equation 5.9 states
that a linear relation exists between Aα,j and Eα,j , represented by so-called compensation
lines of slope bβ in a semi-log of ln (Aα,j ) as a function of Eα,j . Once Eα has been determined by isoconversional methods, the corresponding value of Aα can be computed with this
compensation principle. If the decomposition is described by a single-step reaction scheme,
all the compensation lines intersect at the exact value of E and A. It is worth noting that
this compensation approach is valid regardless of the reaction model that has been used to
establish the linear relationship between E and A.
Then, the reaction model f (α) can be obtained by substituting different forms of f (α) into
Equation 5.6 and comparing the curves obtained to experimental results.
Another method consists in assuming a general form for the reaction model, for instance
f (α) = (1 − α)n , and then finding n by mathematical optimization with a least-square algorithm. In that case, the square of the difference between measured and calculated data
is minimized simultaneously for all the heating rates for which experimental data is available and for different values of n, until an optimal value is found providing the smallest
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residual [47]:

Residue =

M h
X

(xexp,i − xnum,i )2

i

(5.10)

i=1

where M is the number of different heating rates and x the variable on which the optimization
is carried out, for instance α, or more frequently dα/dT , owing to the high variations of this
variable with time. This method provides a good quality of fit when optimizing smooth and
regular peaks, but is less advantageous for irregular curves resulting from the overlapping of
several peaks taking their origin in distinct chemical reactions. Numerical optimization can
also be used to improve the values of E and A to be in better agreement with experimental
data, starting from the values obtained by isoconversional methods as initial guesses.
5.2.3

Development of multi-step schemes

It is generally admitted that the material decomposition can be modeled by a one-step scheme
if the activation energy Eα , computed by means of isoconversional methods, varies by less
than 10% with respect to the decomposition degree. However, a strong variation of Eα with
respect to α reveals the presence of multi-step decomposition kinetics involving several reactions [174]. If several peaks are visible on the mass loss rate curve over temperature, they
can be analyzed separately assuming that one peak represents one reaction. However, this is
not always the case and several reactions can be overlapped into a single peak, making the
analysis even more challenging. In that case, it can be difficult to determine if the reaction
scheme is composed of competitive, consecutive, or parallel reactions (several schemes are
represented on Figure 5.1 as an example), without prior knowledge of the complete chemical
scheme which is in general unknown. Two very different schemes can model an experimental
mass loss curve with a very good agreement at some heating rates, but differ when the heating rate is varied, which influences the residual mass after thermal decomposition [174]. For
this reason, it is desirable to test different schemes involving a variable number of reactions
of different nature, and observe the impact on the predicted residual mass.
A systematic equation accounting for a variable number of reactions can help tackle this
difficulty. Equation 5.4 can be modified to account for multi-step reactions, provided that
f (α) is known. However, as the number of reactions used to describe the composite decomposition is increased to consider multi-steps reaction schemes, it would be very difficult to
use a different reaction model for each of these reactions.
For this reason, the reaction model is assumed to follow a n-order law in this study.
Multi-steps schemes have already been derived for parallel reactions [47, 187], but as the
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equations developped in these works do not involve the char yield they therefore cannot be
used to determine the residual mass after decomposition. Different equations describing the
reaction rate of multiple reactions have been developed here, based on the variation of density
instead of the decomposition degree in order to explicitly obtain the char yield θi . It is worth
noting that in our approach the sample volume is assumed to remain constant. Equation 5.1
and 5.4 can be combined to compute the density variation of a species i associated with a
single reaction j, assuming that each phase degrades completely (therefore ρ̄i,∞ = 0) as:
dρ̄i (t)
dt

"

= −ρ̄i,0
j

ρ̄i (t)
ρ̄i,0 (t)

#nj

Ej
Aj exp −
RT




(5.11)

where ρi represents the density of species i (kg m−3 ). The bar above the density indicates
that the quantity is defined as a spatial average over the control volume. The total density
change for a variable number of competitive, parallel and consecutive reactions can then be
calculated with different methods, depending on the nature of the reaction scheme.
In the following, several theoretical formulations describing the density variation of a matrix
decomposing with competitive, consecutive and parallel reactions are derived on an arbitrary
control volume. The equations are first developed for a simple case involving only two
reactions, as represented on Figure 5.1, and are then generalized to N equations.
Competitive reactions
A solid phase is composed of a single species A that can be decomposed following exposure
to heat into species C1 and C2 , both representative of the char, through two independent
competitive reactions, as shown schematically in Figure 5.1a). The total density is given by:

a) Competitive reactions
React 1

A

React 2

ρtot = ρ̄A + ρ̄C1 + ρ̄C2

(5.12)

b) Parallel reactions

c) Consecutive reactions

React 1

C1 + G 1
C2 + G 2

A1

CHAR GAS

MATRIX

A2

React 2

C1 + G 1
C2 + G 2

A1

React 1

A2

React 2

CHAR+GAS

CHAR GAS

Figure 5.1 Examples of how two reactions can be arranged to form a simple reaction scheme
involving a) competitive, b) parallel or c) consecutive reactions.
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which leads to:
dρtot
dρ̄A dρ̄C1 dρ̄C2
=
+
+
dt
dt
dt
dt

(5.13)

Substituting Equation 5.11 into Equation 5.13 yields:

!n

!n

1
1
dρtot
ρ̄A
ρ̄A
= −ρ̄A,0
k1 (T ) + θ1 ρ̄A,0
k1 (T )
dt
ρ̄A,0
ρ̄A,0
!n2
!n2
ρ̄A
ρ̄A
−ρ̄A,0
k2 (T ) + θ2 ρ̄A,0
k2 (T )
ρ̄A,0
ρ̄A,0
"
#
!n1
!n2
ρ̄A
ρ̄A
= ρ̄A,0 (θ1 − 1)
k1 (T ) + (θ2 − 1)
k2 (T )
ρ̄A,0
ρ̄A,0

(5.14)

Equation 5.14 can be generalized to N reactions as:
N
X
dρtot
= ρ̄A,0 (θi − 1)
dt
i=1

"

ρ¯A
ρ̄A,0

!ni

#

ki (T )

(5.15)

Parallel reactions
A solid phase is composed of two species A1 and A2 , with a volume fraction of respectively
XA,1 and XA,2 . When the material is exposed to heat, A1 and A2 decomposes into species
C1 and C2 through two independent parallel reactions, as represented in Figure 5.1b). The
total density is given by:

ρtot = XA1 (ρA1 + ρC1 ) + XA2 (ρA2 + ρC2 )
= (ρ̄A1 + ρ̄C1 ) + (ρ̄A2 + ρ̄C2 )

(5.16)

Equation 5.16 can be differentiated with respect to time to obtain the mass loss rate as:
dρtot
=
dt

dρ̄A1 dρ̄C1
+
dt
dt

!

dρ̄A2 dρ̄C2
+
+
dt
dt

Substituting Equation 5.11 into Equation 5.17 yields:

!

(5.17)
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!n

!n

!

1
1
ρ̄A1
ρ̄A1
−ρ̄A1,0
k1 (T ) + θ1 ρ̄A1,0
k1 (T )
ρ̄A1,0
ρ̄A1,0
!n2
!n2
!
ρ̄A2
ρ̄A2
k2 (T ) + θ2 ρ̄A2,0
k2 (T )
+ −ρ̄A2,0
ρ̄A2,0
ρ̄A2,0
"
!n1
#
"
!n2
#
ρ̄A1
ρ̄A2
= (θ1 − 1) ρ̄A1,0
k1 (T ) + (θ2 − 1) ρ̄A2,0
k2 (T ) (5.18)
ρ̄A1,0
ρ̄A2,0

dρtot
=
dt

Equation 5.18 can be generalized to N reactions as:
N
dρtot X
ρ̄i
= (θi − 1) ρ̄i,0
dt
ρ̄i,0
i=1

"

!ni

#

ki (T )

(5.19)

Consecutive reactions
Consider a solid phase composed of a single species A1 . When the material is exposed to
heat, A1 decomposes into species A2 , and then A2 decomposes into C, as represented in
Figure 5.1c). The total density is given by:

ρtot = ρ̄A1 + ρ̄A2 + ρ̄C

(5.20)

dρtot
dρ̄A1 dρ̄A2 dρ̄C
=
+
+
dt
dt
dt
dt

(5.21)

which leads to:

Substituting Equation 5.11 into Equation 5.21 yields:

dρtot
ρ̄A1
= −ρ̄A1 ,0
dt
ρ̄A1 ,0

!n1

!n

k1 (T ) + θ1 ρ̄A1 ,0
− ρ̄A2 ,0

1
ρ̄A1
k1 (T )
ρ̄A1 ,0
!n2
!n2
ρ̄A2
ρ̄A2
k2 (T ) + θ2 ρ̄A2 ,0
k2 (T ) (5.22)
ρ̄A2 ,0
ρ̄A2 ,0

ρ̄A2 ,0 represents the density of the intermediate specie A2 with respect to the control volume,
whose value is unknown. It is assumed in this work that ρ̄A2 ,0 and ρ̄C,0 can be computed
from the density of the initial species through the char yield θ: ρ̄A2 ,0 = θ1 ρ̄A1 ,0 and ρ̄C,0 =
θ2 ρ̄A2 ,0 = θ1 θ2 ρ̄A1 ,0 . This assumption yields:
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"

dρtot
ρ̄A1
= ρ̄A1 ,0 (θ1 − 1)
dt
ρ̄A1 ,0

!n1

ρ̄A2
k1 (T ) + θ1 (θ2 − 1)
θ1 ρ̄A1 ,0

!n2

#

k2 (T )

(5.23)

Equation 5.23 can be generalized to N reactions as:
N
X
dρtot
ρ̄i
= ρ̄A1 ,0
γi (θi − 1)
dt
γi ρ̄A1 ,0
i=1

"

with γi = 1 if i = 1 and γi =
5.3
5.3.1

Qi−1

j=1 θi

!ni

#

ki (T )

(5.24)

the rest of time.

Experimental methods
Materials

The material studied is a 1.6 mm-thick, quasi-isotropic laminate fabricated from an aerospacegrade carbon/epoxy pre-preg system (reinforcement: woven carbon fiber HTS40 E13 3K
PW), procured from Solvay (formerly CYTEC, Tulsa, OK). Samples for TGA and tube
furnace tests were extracted therefrom considering its full thickness. The matrix represents
41.76% of the total weight. The exact composition of the epoxy resin system is a trade
secret and, therefore, could not be obtained from the manufacturer, which forces the use of
phenomenological approaches to characterize its decomposition.
5.3.2

Thermogravimetric Analysis & Differential Scanning Calorimetry

Simultaneous Differential Scanning Calorimetry (DSC) and TGA measurements have been
performed using a TGA/DSC 1 apparatus (Mettler-Toledo, Columbus, OH) in both inert (N2,
60 ml min−1 ) and oxidative (air, 60 ml min−1 ) environments, under atmospheric pressure. The
samples were placed in 70 µl open alumina crucibles and exposed to three different heating
rates of 5, 10 and 25 K min−1 , as platinum may act as a catalyst on the oxidation of carbon
fibers [188]. The heating rates and the corresponding sample mass are reported in Table 5.1.

5.3.3

Tube furnace

The residual mass relative to the initial value of a composite sample is difficult to assess
using TGA, from the high variability between runs, as the small size of the sample does not
ensure a consistent volume fraction for each constituent of the composite [52, 189]. For this
reason, a tube furnace (Carbolite Gero STF furnace tube) was selected as a complementary
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Apparatus

Heating rate (K min−1 )

STA

5
10
25

Tube furnace

1
3
5

Sample mass (mg)
N2
10.6980
14.9319
12.0205

Air
10.3630
15.2581
11.0230
N2

899.7
768.6
539.2

893.9
768.0
563.4

780.0
901.0
555.1

792.3
782.0
557.4

Table 5.1 Heating rates and mass of the samples used in STA and tube furnace runs.

approach to TGA to estimate the composite residual mass after decomposition, to overcome
the limitations of the finite sample size. This instrument allows the pyrolysis of samples an
order of magnitude heavier (500 − 900 mg) than those used in TGA (10 − 20 mg), while
placed in an open alumina pan. The three sets of 4 samples were heated at different rates
until reaching 1000 ◦ C, then kept at constant temperature for one hour, before letting the
sample cool naturally. The maximum heating rate is however much lower than in a TGA,
limited to 5 K min−1 by the capability of the equipment. Once the samples reach room
temperature, they were weighed with a high precision scale (10−4 g). Inert environment was
ensured by a constant Argon flow (1317 ml min−1 ). No residue is observed in the pan at the
end of the experiment, suggesting that the inert flow is high enough to efficiently evacuate
the gasses emitted by chemical reactions.
5.4
5.4.1

Results and Discussions
Experimental results

TGA / DSC
Figure 5.2 shows the variation of the sample mass as a function of temperature for three
different heating rates obtained from the TGA under inert (Figure 5.2a) and oxidative atmospheres (Figure 5.2d). The variation of the degree of decomposition dα/dT is also shown as
a function of temperature under inert (Figure 5.2b) and oxidative atmospheres (Figure 5.2e).
Figure 5.2c) represents the heat flow transmitted to the sample as a function of temperature
under an inert atmosphere for a single heating rate (10 K min−1 ), with the corresponding
dα/dT curve. The hatched area corresponds to the heat absorbed or released by chemical
reactions or physical changes occurring in the sample during its decomposition.
Under an inert atmosphere, the composite decomposition starts at 500 K and is complete
above 900 K, accompanied by a mass loss of approximately 26.5%. This reaction is typically
associated with pyrolysis as it does not require the presence of reactive species. The resin
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Figure 5.2 Variation of mass, mass loss rate and heat flow per unit mass as a function of
temperature under inert a)-b)-c) and oxidative d)-e) atmospheres. The heating rate for c) is
10 K min−1 .
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represents 41.76% of the total composite weight, with the remaining mass corresponding to
the sum of the fibers, which are non-reactive under an inert atmosphere, and the residues
(char) from resin decomposition. The variations in residual mass observed between runs in
Figure 5.2a) are mostly the result of the small size of the sample used for TGA, that cannot
ensure a composition representative of the actual composite. As a consequence, it is not possible to clearly identify a trend in the variations of residual mass (i.e. a monotonic variation).
This justifies the use of bigger samples in a tube furnace to measure the residual mass. A
single peak is visible on Figure 5.2b), shifting to the right as the heating rate is increased.
This shifted single peak suggests that, under inert atmosphere, the phenomena at play can
be captured by a single reaction. However, at least three reactions absorbing/releasing heat
can be observed in the corresponding DSC data of Figure 5.2c). This demonstrates that
several reactions are overlapped into the single TGA peak, highlighting the need to develop
multi-steps reaction schemes. It must be emphasized that the measurements provided by
the DSC are qualitative and not quantitative, as the DSC was not calibrated to measure the
heat of reaction.
Figure 5.2e) shows three different peaks in the TGA curves, hinting at the presence of at
least three different reactions under an oxidative atmosphere. The first occurs between 500
and 800 K, and is associated with matrix pyrolysis. The two other peaks correspond to the
char and fiber oxidation, which requires the presence of oxygen diffusing within the porous
sample. The different peaks are very irregular, when compared to those obtained under an
inert atmosphere, making data analysis challenging. The temperature ranges of each peak
are reported in Table 5.2.
Tube furnace
Figure 5.3 presents the residual mass means after treatment in the tube furnace for three
different heating rates: 1, 3 and 5 K min−1 . The variation of residual mass observed in the
tube furnace (72.5 and 74.6%) is quantitatively similar to the one observed in TGA (71
and 73%); however, contrary to the results obtained with TGA, the residual mass decreases
monotonically with an increasing heating rate. This again reveals that several reactions are
Heating rate
(K min−1 )
5
10
25

Matrix pyrolysis (K)
Range
Peak
500 − 740
660
500 − 773
800
500 − 805
983

Char oxidation (K)
Range
Peak
740 − 900
679
773 − 935
840
808 − 936
1045

Fiber oxidation (K)
Range
Peak
900 − 1013
681
935 − 1103
860
936 − 1189
1061

Table 5.2 For each decomposition step isolated from the curves of Figure 5.2, temperature
range over which they occur and temperature at the peak.
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at play, as a single decomposition step is associated to a unique char yield and therefore
cannot provide different residual masses when the heating rate is changed. Therefore, the
tube furnace provides useful information about the actual reaction mechanism. The variation
of residual mass remains quantitatively low, but could increase at higher heating rates.
The error bars on Figure 5.3 show the 95% confidence intervals (CI) using Student’s tdistribution, appropriate for small data sets. Data show limited error because of the important size of the samples that ensures a similar volume fraction of each constituent in all
samples. The error increases slightly for β = 5 K min−1 , possibly because of the smaller sample size (see Table 5.1), or because of equipment limitations at higher heating rates. Upon
visual examination, there is an overlap of CIs between data from 3 and 5 K min−1 ; therefore, a t-test was performed (t = 3.327, p = 0.0159). Thus, the residual mass means of the
aforementioned heating rates can be considered statistically different at a 95% CI. The low
data error suggests that tube furnaces could be more appropriate than TGA to estimate the
residual mass of a composite sample after thermal decomposition due to variation of matrix
volume fraction which depending on the location of the sample extraction, as demonstrated
for woven configurations [176].
5.4.2

Thermochemical parameters

Isoconversional methods have been used to infer the activation energy and pre-exponential
factor from TGA measurements, following to the method described in Section 5.2.2. Figure 5.4a) reveals the evolution of the activation energy as a function of the decomposition
degree, under an inert atmosphere. The activation energy increases rapidly from almost 0
at α = 0 to 185 kJ mol−1 at α = 0.3. A plateau is subsequently reached and the activation energy remains almost constant until α = 0.7. This plateau most likely corresponds
to the main pyrolysis step of epoxy decomposition. The activation energy at the plateau
is in agreement with previous values reported in the literature for other types of epoxy
resins [129, 130, 169–171]. The activation energy increases again above α = 0.7, reaching a
peak of E = 447 kJ mol−1 for α = 0.92 and sharply decreasing thereafter. An activation
energy increasing with decomposition degree is a typical behavior observed several times for
epoxy matrices [139, 169]. Very reactive species, i.e. with low activation energies, react first
whereas the less reactive species react react only later as the temperature becomes sufficiently
high. Only the very weakly reactive species remain at the end of the decomposition process,
which explains the peak observed at α = 0.92 on Figure 5.4a). The value reached at the peak
and the decrease after α = 0.92 have limited physical meaning and could be caused by a loss
of validity of the isoconversional methods for high decomposition degree, i.e. above α = 0.9.
Nevertheless, the pyrolysis process can be modeled as a one-step reaction if the activation
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Figure 5.3 Residual mass means obtained after decomposition in a tube furnace at three
different heating rates: 1, 3 and 5 K min−1 . Error bars show the 95% confidence intervals
considering Student’s t-distribution.
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energy is almost constant (less than 10% of variation) over a wide range of decomposition
degrees [46]. This is not the case here as strong variations of E can be observed for α ≤ 0.3
and α ≥ 0.7, further motivating the need of implementing more complex reaction schemes.
Figure 5.4b) represents the evolution of the pre-exponential factor as a function of the activation energy. The dots represent the different reaction models for which the couple (E, A)
has been calculated. Four n-order reaction model have been evaluated with a reaction order
n successively equal to 1, 2, 3, and 4. With this approach, it is generally admitted that if the
thermo-chemical decomposition can be summarized as a single-step reaction, the compensation lines cross each other at a single point, whose coordinates (E, A) provide the activation
energy and pre-exponential factor of the reaction. Here, the compensation lines do not cross
at a single point, which again motivates the need to develop multi-step reaction schemes.
As the decomposition is much more complicated under oxidative atmosphere, the activation
energy has been computed independently for each of the three peaks observed on Figure 5.2e),
according to the ranges reported in Table 5.2. Figure 5.5a), 5.5c) and 5.5e) show the evolution of the activation energy as a function of a normalized decomposition degree under an
oxidative atmosphere, for each step (matrix pyrolysis, char oxidation, fiber oxidation). It can
be observed that the activation energy of the matrix pyrolysis is significantly lower under an
oxidative atmosphere than under an inert one. This phenomenon has already been observed
for epoxy resins in previous studies [52, 190] and could be related to an early pre-oxidation
of highly reactive epoxy resin components before the onset of pyrolysis [52, 191]. This could
also be the result of the activation energy for the char oxidation at low conversion degree
(112 kJ mol−1 on Figure 5.5) being lower than than the activation energy of the matrix pyrolysis under inert atmosphere (185 kJ mol−1 ). Consequently, the char can be oxidized as soon
as it is formed, reducing the activation energy of the composite when considered as a whole,
for low decomposition degrees. The pyrolysis activation energy reported on Figure 5.5a) could
thus be a weighted mean of the activation energies related to matrix pyrolysis and early char
oxidation. As the decomposition degree progresses, the activation energy for matrix pyrolysis
under an oxidative atmosphere seems to reach a plateau of approximately 185 kJ mol−1 for
α = 0.2 but decreases after α = 0.5, further supporting this hypothesis. However, it is difficult to reach a definitive conclusion because of the irregularity of the first and second peaks
on Figure 5.2e), making the calculation of the activation energy inaccurate, particularly for
char oxidation. Finally, Figure 5.5e) represents the activation energy for fiber oxidation. It
starts at a high value (E = 315 kJ mol−1 ) and decreases regularly thereafter, until reaching
75 kJ mol−1 at the end of the decomposition. This behavior could be explained by the typical
structure of PAN-based carbon fibers, which have a turbostratic/graphitic outer skin that
protects the amorphous and more reactive core [192]. Another explanation is the heteroge-
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neous nature of carbon-oxygen kinetics [193, 194]. Halbig et al. [194] performed TGA runs
on T-300 carbon fibers at different temperatures and suggested the existence of two regimes:
(i) a low temperature regime (720-1150K) associated with high activation energy, where oxidative species are in excess; (ii) a high temperature regime (870-1700K) associated with low
activation energy, where the reaction rate is controlled by the diffusion of oxidative species.
Each of these regimes could be modeled with a specific reaction model f (α). However, the
two regimes are likely to coexist in our case because of the large temperature range encountered in both fire test and TGA. The decreasing of the activation energy of carbon fiber
oxidation observed on Figure 5.5e) tends to confirm the existence of a transition between
the two regimes. For this reason, a more versatile n-order reaction model will be used to
develop an aerobic reaction scheme in Section 5.4.3, because of the lack of a reaction model
describing simultaneously these two regimes.
Figure 5.5b), 5.5d) and 5.5f) represent the evolution of the pre-exponential factor as a function of the activation energy. For all reactions considered, it is difficult to define a particular
point where the compensation lines cross, although for pyrolysis it appears to be positionned
at high values for the (E, A) pair. For both char and fiber oxidation, this crossing point is
likely located near the lower bounds of the (E, A) range obtained.
5.4.3

Numerical results

Single-step schemes: anaerobic decomposition
Mathematical optimization was used to identify the order of reaction n as well as to optimize
the activation energy E and the pre-exponential factor A. First, an average value Eav was
computed from the values reported in Figure 5.4a). A corresponding pre-exponential factor
Aav was calculated using the compensation parameters determined from Figure 5.4b). The
data set (Eav , Aav ) was used as an initial guess in the optimization process. E and A were
optimized within a range centered on (Eav , Aav ): E was varied between 0.8Eav and 1.2Eav ,
and A was varied between 10−3 Aav to 103 Aav . The reaction order n was optimized between
1.0 and 5.0.
The residue (Equation 5.10) was computed using two different methods for the pyrolysis:
with x = α and with x = dα/dT , to compare both methods. The residue was minimized to
find optimal values for (E, A, n) with the least-squared algorithm method, using the package
"LMFIT" in Python [195]. In order to avoid misinterpreting a local minimum, the initial
value Eav was varied to verify if the solution is valid regardless of the initial guess. Finally,
once the complete kinetic triplet is identified, the char yield is calculated by minimizing the
difference between numerical and experimental residual mass over all the heating rates used
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in the tube furnace, with the char yield θ varying from 0 to 1.
The single-step schemes accounting for matrix pyrolysis under an inert atmosphere are reported in Table 5.3. The coefficient of determination R2 indicates the quality of fit between
the experimental and numerical values of the quantity optimized (α or dα/dT ) for all the
heating rates. The two schemes obtained by optimizing α and dα/dT are very similar; however, the optimization based on α provides a better coefficient of determination than that
based on dα/dT . There is no clear threshold of R2 stating that a numerical reaction scheme
can or model depict the actual decomposition, but previous studies aimed at maximizing this
coefficient to choose their reaction scheme. When modeling pyrolysis, R2 typically ranges
from 0.95 to 0.99 [173], and optimizing the reaction scheme with α instead of dα/dT improved
the R2 from 0.96 to 0.99. This reveals that the integral value is easier to fit than its derivative,
probably due to the strong variations of dα/dT on Figure 5.2b). The value obtained for E is
also slightly larger than the initial guess Eav for both schemes. The char yield θ calculated
here corresponds to an averaged residual mass over the three heating rates used in the tube
furnace, as it is impossible to obtain a residual mass that varies as a function of the heating
rate with a single-step scheme. This shows that despite the good mathematical agreement
obtained with TGA data, a single-step scheme cannot capture the variations of residual mass
observed as a function of the heating rate and therefore misses some information inherent to
the actual mechanism.
Multi-steps schemes: aerobic decomposition
From the experimental data collected for thermal decomposition under an oxidative atmosphere, the multi-step mechanism leading to the material aerobic decomposition has been
modeled with three single step reactions, obtained from distinct peaks in the TGA data.
From these single-step reactions, one can then build a multi-step scheme with 2 consecutive
reactions and 1 parallel reaction, as shown schematically on Figure 5.6, to account for matrix
pyrolysis, char oxidation and fiber oxidation. The method used to infer the kinetic triplet is
similar to the one developed in Section 5.4.3: average values (Eav , Aav ) are computed for each
reaction on Figure 5.5 and are optimized in a narrowed range (±20%). The only difference
being on the choice of the variable optimized with Equation 5.10: because of the irregularity
Reaction
Pyrolysis

Quantity minimized
α
dα/dT

E (kJ mol−1 )
193
199.17

A ( s−1 )
2.20 × 1013
5.26 × 1013

n (-)
3.03
2.43

θ (-)
0.3678
0.3678

R2 (-)
0.9983
0.9614

Table 5.3 Reaction scheme of a carbon fiber epoxy matrix composite exposed to an inert
atmosphere for heating rates β = 5, 10, 25 K min−1 .
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of the mass loss rate peaks on Figure 5.2e), the residue was calculated solely with x = α for
the reactions under an oxidative atmosphere.
The kinetic triplet for each reaction are reported in Table 5.4. Globally, the optimization
confirmed the previous estimation of E and A obtained from isoconversional methods, except
for the activation energy related to fiber oxidation which is more important than its average
value on Figure 5.5c).
Multi-steps schemes: anaerobic decomposition
Section 5.4.3 revealed that a single-step reaction scheme can model the mass loss rate of the
epoxy resin with a good agreement against TGA data, but is unable to capture the variation of residual mass observed in the tube furnace. For this reason, several reaction schemes
specifically developed for epoxy pyrolysis are proposed in this section, including intermediate
reactions of different nature: competitive, parallel or consecutive. The initial values of activation energy Ei are first distributed in the range observed on Figure 5.4, i being the reaction
number. Then, the corresponding values of pre-exponential factor Ai are calculated with
the compensation principle. Finally, the density variation is computed with Equations 5.15,
5.19, 5.24 and each set of parameters (Ei , Ai , ni ) is optimized simultaneously by minimizing
the residue calculated using Equation 5.10. For instance, the initial activation energies of
three-parallel intermediate reactions are [E1 , E2 , E3 ]=[80, 160, 220] kJ mol−1 , and then these
values are optimized in the range [80 ± 20%, 160 ± 20%, 220 ± 20%]. Therefore, the activation
energies of the multi-steps schemes is distributed in the entire range observed on Figure 4a).
Moreover, the initial values [E1 , E2 , E3 ] were varied to avoid misinterpreting local minimum.
It is worth noting that the optimization is carried out in this section on x = dα/dT only,
because the complex shape of dα/dT allows a more accurate optimization when several reactions are at play. Ei is varied between 0.8 × Ei and 1.2 × Ei , Ai between Ai × 10−3 and
Ai × 103 and ni between 0 to 5. If the scheme includes parallel reactions, another parameter
Xi varying between 0 and 1 describing the volume fraction of the sub-phases composing the
P
matrix is also optimized simultaneously, with the constraint N
i=1 Xi = 1. Then, an optimal
value of the char yield θi between 0 and 1 is obtained in a second step by minimizing the
residue calculated using Equation 5.10 with x being the residual mass at the end of the test.
Thermo-Oxidative Decomposition
Pyrolysis
Char oxidation
Fiber oxidation

Quantity minimized
α
α
α

E (kJ mol−1 )
148
112
260

A ( s−1 )
2.26 × 109
1.7 × 104
4.93 × 1010

n (-)
3.13
1.76
4.83

θ (-)
0.3678
-

R2
0.9955
0.9938
0.9907

Table 5.4 Scheme composed of single-step reactions of a carbon fiber epoxy matrix composite
exposed to an oxidative atmosphere for heating rates β = 5, 10, 25 K min−1 .
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Figure 5.6 Reaction scheme describing the chemical decomposition of a carbon epoxy composite exposed to an oxidative atmosphere.

Figure 5.7 represents the quality of fit of the numerical mass loss rate dα/dT against TGA
data for each scheme (competitive, parallel, consecutive). The x-axis is the number of reactions and the y-axis is the evolution of the coefficient of determination R2 . Figure 5.9 shows
a comparison between numerical and experimental mass loss rate for β = 10 K min−1 for four
different reaction schemes: single-step, three competitive, three consecutive, three parallel.
The scheme composed of parallel reactions offers the best agreement against experimental
dα/dT data when the number of reactions is increased, followed by the reaction scheme
composed of consecutive reactions. As the parallel reaction scheme consists in adding independent reactions, and because the optimization is realized on 4 different parameters (Ei , Ai ,
ni , Xi ), the parallel reaction scheme is less constrained than the consecutive and competitive
schemes. Therefore, the better agreement obtained with the parallel scheme could be the
result of the lack of constraints on the scheme, and therefore the good quality of fit could
be due to mathematical causes rather than physical considerations. R2 roughly stagnates
for competitive reactions, showing that adding this type of reactions does not improve the
model agreement against experimental mass loss rates.
Figure 5.8 represents the residual mass as a function of heating rates for all the schemes.
The coefficient of determination has been added on Figure 5.8 to ease the comparison of the
curves. It shows that the reaction schemes composed of parallel and consecutive reactions all
provide a constant residual mass when the heating rate is changed, and therefore cannot accurately model the variation of residual mass observed in the tube furnace, even if these two
schemes offered very good agreement against mass loss rate data. The competitive reaction
models are the only ones capable of properly modeling a variable residual mass. This can
be explained because a different char yield is associated with each competitive reaction. In
such a scheme, some reactions can be promoted to the detriment of other reactions for low or
high heating rates. Therefore, the global char yield varies for each heating rate, as it tends
to the value provided by the dominant reaction. To summarize, reaction schemes composed
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of competitive reactions do not capture mass loss rate data as well as those composed of consecutive or parallel reactions, but are the only one able to properly capture the variation of
residual mass as a function of heating rate. Having three competitive reactions instead of two
decreases simultaneously the agreement against experimental mass loss rate (R2 = 0.9573
vs R2 = 0.9631) and residual mass (R2 = 0.80 vs R2 = 0.92), showing that the optimum
number of competitive reactions is two. Figure 5.10 shows the variation of mass as a function
of time under inert atmosphere. The measurements obtained from TGA (continuous line) are
compared to the outcomes obtained with the reaction scheme composed of two competitive
reactions in Table 5.5 (dashed line). The residual mass obtained with the two-competitive
scheme is in the same range than the one obtained in TGA, which shows that the model is
able to provide a realistic value of the residual mass even beyond the heating rates of the
tube furnace. Moreover, contrary to the TGA data, the residual mass obtained with the
two-competitive scheme decreases monotonically with the heating rate, with a variation of
3% for β = 5 − 25 K min−1 . This variation could be even more important in a fire test
β > 500 K min−1 .
These results confirm the tendency observed in the literature that adding intermediate reactions can improve the agreement against mass loss rate data. However, it also shows that a
reaction scheme can simultaneously capture the mass loss rate with a good quality of fit, but
not the residual mass. In the literature, reaction schemes are typically chosen to maximize the
agreement against mass loss rate data. In that case, the reaction scheme composed of parallel
reactions should be the best, as it provides the best coefficient of determination; however,
this parallel reaction scheme is unable to model the variation of residual mass observed in the
tube furnace. The char yield controls the quantity of protective char and combustible gases
formed during the pyrolysis, and therefore influences the material thermal decomposition.
In some cases, the reaction rate and char yield can have an almost comparable influence on
the thermal response of a composite exposed to heat source [76]. The differences of residual
mass observed in this study remain low in absolute terms for the composite as a whole, but
are more significant relative to the char-forming fraction of the material (matrix). Moreover,
these differences could rise with higher heating rates, or with different polymers. Consequently, optimizing a reaction scheme to obtain a best fit against experimental mass loss rate
only, as usually done in the literature, could lead to inaccurate predictions if the reaction
scheme is intended to be used in a composite pyrolysis model. However, a need remains to
investigate the effect of optimizing the mass loss rate at the expense of the residual mass.
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Figure 5.7 Evolution of the coefficient of determination (R2 ) as a function of the number and
nature of intermediate reactions used in the reaction scheme under an inert atmosphere.
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Type

N

Xi (m3 m−3 )

E (kJ mol−1 )

A (s−1 )
5.26 ×

n (-)

θi (-)

R2 (-)

1013

Single-step

1

-

199.17

2.43

0.3687

0.9614

Competitive

2

-

80
241
153
178
203

1.71 × 103
1.21 × 1017
2.47 × 109
3.09 × 1011
3.96 × 1013

1.37
2.45
1.89
2.20
2.17

0.44
0.3
0.62
0.53
3.9 × 10−9

0.9631

0.67
0.33
0.48
0.23
0.29

120
214
73.4
152
215

7.46 × 106
7.90 × 1014
3.24 × 103
2.94 × 109
9.36 × 1014

2.79
1.16
4.79
2.09
1.06

0.55
8.92 × 10−8
0.734
2.57 × 10−8
2.20 × 10−8

0.9900

-

185
200
170
190
200

2.13 × 1013
1.49 × 1014
4.99 × 1011
1.35 × 1013
1.015 × 1012

2.5
2.49
1.5
1.5
1.5

0.81
0.45
0.787
0.606
0.770

0.9807

3

Parallel

2
3

Consecutive

2
3

0.9573

0.9941

0.9837

Table 5.5 Single-step and multi-step reaction scheme describing the pyrolysis of an epoxy
resin exposed to an inert atmosphere for heating rates β = 5, 10, 25 K min−1 . The residue
(Equation 5.10) is calculated with x = α for all the schemes.
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Figure 5.10 Variation of mass as a function of time under inert atmosphere. The dashed
lines depict the numerical data obtained with the reaction scheme composed of 2 competitive
reactions (Table 5.5) and the continuous lines represents the mass measured with TGA.
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5.5

Conclusion

Pyrolysis models are widely used to predict the behavior of composites exposed to high
temperatures. Due to the sensitivity of these predictive tools to the thermo-chemical decomposition of the resin, different reaction schemes of increasing complexity are implemented in
the literature to best represent TGA data. A popular strategy consists in adding intermediate
reactions of different nature (parallel, competitive, consecutive) to obtain the best fit with
the experimental mass loss rate. However, the optimal number and nature of intermediate
reactions is rarely discussed.
In this paper, the thermo-chemical parameters (E, A and n) describing the pyrolysis of an
epoxy resin, as well as the oxidation of char and carbon fibers have been extracted from
TGA data using isoconversional methods. Several reaction schemes of variable complexity
are proposed and assessed. A first single-step scheme modeled the mass loss rate observed
in TGA with a very good agreement, but was unable to model the variation of residual mass
observed in a tube furnace when the heating rate is changed. For this reason, several multisteps schemes have been developed and compared, with an increasing number of reactions of
different nature. Results show that even if the addition of parallel or consecutive reactions
improves the agreement against TGA data, these schemes are unable to account for the variation of residual mass observed in a tube furnace. Although, adding competitive reactions
does not improve the agreement with TGA data compared to a single-step scheme, only this
type of reaction allows to model the variation of residual mass with a very good agreement.
More research is needed to test reaction schemes including simultaneously competitive, consecutive and parallel intermediate reactions.
This research suggests that contrary to what is commonly done in the literature, obtaining
a best fit between experimental and numerical TGA data is not sufficient to build a realistic
reaction scheme. Considering the influence of the char yield in heat transfer processes, the
residual mass should also be considered when developing a reaction scheme that is intended
to be implemented in a pyrolysis model. The variation of residual mass of the carbon-epoxy
composite studied here remains low but could be more important for other materials. Further
research is needed to find the right balance between accurate modeling of E/A and accurate
modeling of θ, if a good agreement cannot be obtained simultaneously on these two variables.
This issue could be addressed by investigating the sensitivity of pyrolysis models to reaction
schemes of different nature, for different classes of materials.
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Abstract
Advanced polymer matrix composites (PMCs) are widely used in modern aircraft and as such
have to withstand fire to comply with safety regulations. The thermal degradation of these
lightweight materials is a complex process involving chemical reactions in the solid and gas
phases, potentially leading to flaming combustion. Here, we numerically investigate the heat
feedback from the ignition of outgassing at the surface of a structural polymer matrix composite exposed to a pilot flame. Our model couples the thermal, physical and chemical processes
in the solid phase to compute the composite degradation, as well as the production and movements of pyrolysates. A counterflow diffusion flame is used to model the ignition of the
combustible effluent close to the sample surface, where the hot jet of the pilot flame impinges.
The predictive capabilities of the method are demonstrated considering a carbon/epoxy composite exposed to small-scale fire test. As input and validation data for our model, material
properties have been measured for virgin and partially burned samples via Differential Scanning Calorimetry, Xenon Flash Analysis and Thermogravimetric Analysis. The model is able
to predict the backface temperature and time-to-ignition of the composite sample exposed to
a flame with a good accuracy.
Keywords: pyrolysate combustion, pyrolysis model, chemical kinetics model, GRI-Mech 3.0,
fire test, heat feedback, time-to-ignition, carbon-epoxy composite
6.1

Introduction

Polymer matrix composites (PMC) are extensively used in the aerospace industry due to
their light weight and versatility [7]. However, owing to their inherent flammability, their
usage is mostly limited to applications where temperatures do not reach their glass transition
Tg or decomposition temperatures [196]. To decrease aircraft weight, there is an incentive
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to use these materials in location where they must act as firewalls, such as in and around
powerplants. In such cases, their fire resistance is assessed through standardized certification
tests requiring the material to maintain its functions while containing fire when exposed to
a 1366 K (2000 ◦ F) pilot flame for 15 minutes [15]. To increase the understanding of failure
modes and improve the design process of PMC-based aircraft powerplant firewalls, this paper
presents a multi-physics model for the thermo-chemical degradation processes associated with
a carbon/epoxy composite subjected to conditions representative of certification tests [15].
When exposed to fire, a PMC undergoes several closely-coupled thermal, chemical and physical processes [18, 65]. As the matrix exceeds its Tg (for amorphous polymers) and the
decomposition temperature is reached, it first degrades through pyrolysis, locally decreasing
the material density and affecting its thermo-physical properties. The formation of a lowdensity porous char layer on the surface may protect the remaining matrix from further heat
transfer, thus slowing its degradation. Gaseous pyrolysis products (henceforth referred to as
pyrolysates) migrate from the inside of the material toward the hot face as a consequence of
pressure gradients and higher permeability in this direction. The combustible effluent exiting
the sample meets the hot exhaust jet produced by the pilot flame close to the surface. The
pilot burner is operated lean to achieve the desired temperature. Consequently, the gaseous
exhaust effluent contains non-negligible amounts of oxygen. Moreover, as the pilot flame itself
approaches the surface, other oxidative species besides O2 as well as radicals are available to
mix with and ignite the pyrolysate escaping the surface. This reactive mixture ignites as the
lower flammability limit is reached and gives rise to a diffusion flame which in turn provides
a heat feedback further promoting the material degradation. The ignition of the composite
is defined as the onset of self-sustained combustion, potentially leading to the appearance of
large flames that may contribute to spread fire. Consequently, the time-to-ignition is an important parameter in fire safety science [23]. The temperature of the flame produced by this
additional heat source depends on the pyrolysate composition and fire test conditions. The
thermal feedback loop is also a crucial factor in the fire resistance of combustible solids and
its accurate modeling is paramount to achieve quantitative predictions. Finally, the char and,
subsequently, carbon fibers are oxidized, increasing again the material porosity and providing
an additional heat source due to the exothermic nature of these oxidation reactions. So-called
pyrolysis models aim at modeling the interactions between these processes [43, 64, 140, 141].
The thermal degradation of PMCs has been studied considering materials exposed to both
non-reactive and reactive heat sources [35, 52, 57, 58, 79, 130, 132]. Non-reactive heat sources
are often lasers [52, 130] or radiant heaters [79, 132]. The models considering these heat
sources usually offer good agreement with experimental data since a non-reactive source is
often simpler to model than a reactive one. Indeed, the source heat flux is typically homo-
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geneous and the atmosphere can be controlled to prevent oxidation or pyrolysate ignition,
which considerably limits the number and complexity of phenomena that must be modeled.
By contrast, the modeling of reactive heat sources, such as pilot flames, is much more challenging [35, 57, 58], notably because the interactions between the flame and the pyrolysate
strongly affect the composite ignition.
The thermal degradation of composites is sensitive to the heat feedback from pyrolysate
combustion [60, 151], which depends on the nature of the material exposed to heat [62]. In
the context of a fire test, the pyrolysate combustion for a given material is also affected
by the composition of the exhaust gases from the pilot flame, which in turn depends on
burner operation parameters [15, 153]. In previous modeling of a fire test, pyrolysate combustion was often neglected [35, 57] or modeled with empirical parameters [58] that must
be inferred experimentally for each set of test conditions and material composition. Fully
coupled solid-gas models have also been developed for the piloted ignition of combustible
materials [52, 59, 60, 62, 151, 152], but they often relied on simplified chemical kinetics, i.e.
global one-step reactions, that cannot capture the effect of composition in the exhaust gases
of a burner used for certification testing. This simplification has two consequences; first,
it can lead to an overestimation of the flame temperature from pyrolysate combustion, as
global one-step reactions do not consider the heat absorbed by the endothermic dissociation
reactions. Second, the pyrolysate time-to-ignition cannot be modeled with a global one-step
reaction. A mixture ignites when the heat generated by chemical reactions exceeds heat
losses, favoring the creation of chain carriers leading to thermal runaway. As a consequence,
chemical kinetics based on global one-step reaction relies again on empirical parameters to
estimate the time-to-ignition [56], usually related to a critical pyrolysate mass flow rate [129]
or material surface temperature [74].
Available general purpose complex reaction mechanisms are suitable to model pyrolysate ignition and combustion. For instance, GRI-Mech 3.0 has been developed for natural gas combustion and involves 53 species, including hydrocarbons up to C3, and 325 reactions [154].
These mechanisms can be implemented in two- or three-dimensional Computational Fluid
Dynamics (CFD) simulations, but such modeling in practical combustion applications is a
very complex task, with most current simulations limited to flames in simple configurations,
with no reacting solid phase [158, 159]. Chemical kinetics software such as Cantera [160]
however allows for the use of complex reaction mechanisms in simple one-dimensional CFD
simulations, and therefore offer a good compromise between detailed chemical kinetics and
accurate CFD simulations. A chemical kinetics software has been coupled to a pyrolysis
model by Li et al. [197] to investigate the surface ablation of charring composites, but to
the best of the authors knowledge the work presented here is the first occurrence that this
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approach is used to model the heat feedback from pyrolysate ignition in the context of a fire
test.
This paper presents a multi-physics model for the heat feedback and time-to-ignition from
gas phase reactions at the surface of a composite subjected to a one-sided reactive heat flux.
This predictive tool is based on a novel coupling architecture between a pyrolysis model and
a chemical kinetics model. To validate this approach, numerical predictions are compared
against fire test conducted on a carbon/epoxy composite exposed to a methane flame. For
this purpose, a novel small-scale fire test [153] has been developed to mimic the conditions
encountered in large-scale fire certification [15]. The material has also been characterized
extensively to obtain its thermal and chemical properties, both in the virgin state and following thermal degradation. A sensitivity analysis has been done to investigate the effect
of variations in material properties, solid-phase chemical reactions and gas-phase chemical
reactions. The novelty of this study lies in the coupling architecture of a chemical kinetics
software with a pyrolysis model, that has never been done in the context of a fire certification
test. This approach allows a purely theoretical prediction of the time-to-ignition and heat
feedback from the combustion of pyrolysates mixed with a pilot flame exhaust gases.
6.2
6.2.1

Background
Modeling

Pyrolysis models
The degradation of composite materials results from the complex interaction of physical,
chemical and thermal processes. This degradation can be modeled empirically [86], but the
validity of the model obtained is limited to the conditions of the specific fire test for which
it was developed and becomes obsolete if these test conditions are changed. An analytical
modeling approach is also possible [198], but it relies on many assumptions, typically restricting its range of application to semi-infinite and non-reactive solids [199]. In contrast,
comprehensive models based on the conservation of mass, energy and sometimes momentum [43, 52, 64, 140, 141] have a wider range of application, and are adaptable to changes in
fire test conditions. However, they require a large number of material properties and parameters that must be inferred from specialized experiments in simple configurations rather
than fire tests. As the predictive tool developed in this work is intended to be adaptable to
different fire test conditions, a comprehensive approach is adopted.
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Chemical kinetics model
The ignition of combustible materials is driven by chemical reactions occurring in both solid
and gas phases. Solid phase reactions are often modeled with global simplified reactions
as the chemical species involved are mostly unknown. Gas phase reactions can be modeled
with more detailed reaction model such as Cantera, as the pyrolysate composition can be
measured [52, 53]. Cantera is an open-source suite of tools, developed for problems involving
thermodynamics, transport processes and chemical kinetics [160]. It models flames that are
stabilized in an axisymmetric stagnation flow, and computes the solution along the stagnation
streamline (r = 0), using a similarity solution to reduce the three-dimensional governing
equations to a single dimension. In particular, the counterflow diffusion flame sub-model
(class CounterflowDiffusionFlame in Python) is governed by the conservation of mass, radial
momentum, energy and species, which reads:
∂ρu
+ 2ρV = 0
∂x
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where ρ is the density (kg m−3 ), u and v are the axial and radial velocities (m s−1 ), V = v/r
the scaled radial velocity, Λ the pressure eigenvalue (Pa m−2 ), µ the dynamic viscosity (Pa s),
T the temperature (K), λ the thermal conductivity (W K−1 m−1 ), Yi the mass fraction of
species i (−), cp,i the specific heat capacity of species i (J kg−1 K−1 ), hi the enthalpy of species
i (J kg−1 ), Mi the molecular weight of species i (kg mol−1 ) and ω̇i the molar production rate of
species i (mol m−3 s−1 ). ji is the diffusive mass flux of species i (kg m−2 s−1 ) and is computed
with a mixture-averaged formulation. The gases are treated as ideal for the calculation
of their thermodynamic properties, following a mixture rule, with polynomial fits used to
capture their temperature-dependence. These conservation equations model the transport of
matter and heat in the reaction zone. Sin et al. [200] showed that similarity solutions can
successfully predict velocity profile of a two-dimensional stagnation point flow, even at high
aspect ratio (when the distance between inlet and solid surface is 5 times the lateral distance
of the problem).
Gas combustion is modeled with the GRI-Mech 3.0. The reaction rates are represented
with Arrhenius equations and the chemical equilibrium is modeled with a non-stoichiometric
ρu
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solver [201], yielding the temperature and species distribution in the reaction zone.
6.2.2

Material characterization

Thermo-physical properties
Each species i contained in the composite (gaseous or solid) needs to be described by at least
three thermo-physical properties, depending on the complexity of the pyrolysis model: ρi ,
cp,i and λi . Ideally, these properties must be measured as a function of temperature in the
range of interest from 300K to 1000K. These temperature-dependent properties are rarely
provided by the manufacturer or the literature and an extensive characterization work is
therefore necessary. Two different approaches are available to obtain them.
First, the apparent properties of the composite can be used in the predictive tool, without
distinction of the different phases [53], reducing the number of thermo-physical properties
that must be measured. This method allows the direct use of the properties measured
without additional calculation or hypotheses, but cannot provide insight on the properties
or degradation of each phase.
The second method consists in calculating the properties of each sub-phases independently
from experiments performed on the composite [52, 132], increasing the number of thermophysical properties that must be measured. This forces the use of conventions and hypotheses
to derive all the unknown parameters from a limited number of experiments carried out on
the entire composite. The global or effective composite properties P̄ can then be determined
with a rule of mixture weighted by mass or volume (Xi ) fraction:
P̄ =
P̄ =

N
X
i=1
N
X

Xi P̄i

(6.2a)

Yi P̄i

(6.2b)

i=1

where N is the total number of species in the control volume. The mixture rule is the
simplest approach to model the composite properties, although it does not account for the
geometrical aspects or interactions between phases. Other approaches consider the geometry of the composite with various level of precision. For instance, upper- and lower-bounds
of the composite thermal conductivity can be estimated with the Voigt and Reuss models.
The Maxwell’s model [163] provides the thermal conductivity of a random distribution of
spheres into a homogeneous porous media. The Clayton model [164] has been specifically
developed and validated [202] for plain-weave composites. Nevertheless, the method consisting in calculating the composite properties as a function of each phase properties increases
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the complexity of the material characterization, but provides a more detailed insight of the
phase contribution to the overall material degradation. Therefore, the second method is
preferred in this work. Then, the temperature-dependent thermal conductivities and heat
capacities can be measured respectively with Laser/Xenon Flash Analysis (LFA/XFA) [203]
and Differential Scanning Calorimetry (DSC) [199].
Kinetic analysis
When exposed to heat, a carbon/epoxy composite degrades through matrix pyrolysis, char
oxidation and carbon fiber oxidation. Sensitivity analyses have shown that the matrix pyrolysis plays a dominant role in the composite thermal behavior as char and carbon fibers
are comparatively much less reactive [135]. For this reason, among others, char and fibers
oxidation were most of the time neglected in composite pyrolysis models [58]. However, in
the context of firewall certification testing considered here, a pilot flame can produce species
with a high oxidative potential, notably combustion radicals, that can play a significant role
in carbon oxidation [71]. Therefore, char and carbon fiber oxidation are included in this
work. The reaction rate associated with each chemical reaction is usually computed with the
Arrhenius law in pyrolysis models [43, 64, 141]:
E
∂α
= f (α)A exp −
∂t
RT




(6.3)

0
where α = m(t)−m
is the degree of advancement of the reaction, m0 and m∞ are respectively
m∞ −m0
the initial and final mass of the sample exposed in Thermogravimetric Analysis (TGA) (kg),
A is the pre-exponential factor (s−1 ), E the activation energy (J mol−1 ), R the perfect gas
constant (J mol−1 K−1 ). f (α) is the reaction model and represents the dependence of the
reaction on the degree of advancement. The reaction model is assumed to follow the n-order
law f (α) = (1 − α)n in most pyrolysis models [35, 53, 204], where n is the reaction order
(−). With this assumption, 3 parameters (A, E, n) must be measured for each reaction, plus
a parameter q (J kg−1 ) describing the heat released or absorbed by the chemical reaction.
These parameters are usually inferred through TGA or DSC using the so-called isoconversional principle, which states that the reaction rate at a constant extent of conversion is only
a function of temperature [46].
The pyrolysate composition must also be known to model the material ignition. Several authors attempted to measure the composition of the outgassing emitted by an epoxy resin
with Mass Spectrometry (MS) [52, 205, 206] or Fourier Transform Infrared spectroscopy
(FTIR) [53,206–208] and most of them reported the emission of water and some combustible
gases such as CH4 or H2 . However, a qualitative measurement is not sufficient to model the
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pyrolysate ignition and a quantitative composition is required as input parameter in Cantera.
To the best of our knowledge, only two authors provided a quantitative composition of the
pyrolysates emitted by the degradation of an epoxy resin, via MS [52] and FTIR [53], respectively. It is worth noting that FTIR did not allow to detect H2 , although this species has
probably a major influence in pyrolysate ignition because of its reactivity. Jiang et al. [205]
identified H2 O, H2 and C2 H2 as the main species present in the pyrolysates with mass spectrometry, using soft ionisation with an electron energy of 15 eV to prevent the fragmentation
of hydrocarbons. Pyrolysates are therefore mainly composed of low molecular weight hydrocarbons, which supports the choice of GRI-Mech 3.0 to model their ignition. From the mass
spectrum obtained, Biasi [52] quantified the molar fraction of each of the main species based
on the maximum relative intensities of the peaks, therefore considering that the sensitivity of
the instrument was identical for all species, an assumption that should be verified through extensive calibration [209]. Although very approximative, the pyrolysate composition obtained
is the only one found in the literature for epoxy. It is shown in Table 6.1 and used in this
work. The influence of inaccuracies in pyrolysate composition on the modeling of material
degradation will be discussed later. Pyrolysates are assumed to be a mixture of ideal gases,
so that the volume fraction is equal to the molar composition.
6.3

Small-scale fire test

Figure 6.1 represents the small-scale test bench used to reproduce the conditions present in
large-scale fire-resistance certification tests [153]. The test considered here is intended for
structural components that must act as firewalls and is described in the FAA AC 20-135 [14]
and in ISO 2685 [15] standards. The flame is required to have an average temperature of
approximately 1100 ◦ C (2000 ◦ F) and a heat flux density of 116 ± 10 kW m−2 at the sample
location. Although a kerosene burner is traditionally used in certification tests, the flame
is produced in this work by a more simple methane burner, as the modeling developed here
cannot account for phenomena specific to liquid fuel burners such as droplet projection that
could create local hot spots on the sample. The parameters that yield the desired flame
conditions are calibrated using a water-calorimeter and a Gardon heat gauge. The sample
(25 mm wide and 300 mm long) is held from the top and bottom, with no mechanical
Species
Volume fraction (−)

H2 O
0.706

H2
0.199

C2 H2
0.095

Table 6.1 Composition of the pyrolysates emitted by the pyrolysis of a M21 epoxy resin
measured with Mass Spectrometry (from [52]).
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stress applied. Since the flame width (approximately 50 mm) exceeds the sample width,
two ceramic shields are placed along the sample sides to prevent the flame from wrapping
around the edges. The backside temperature opposite to the impinging point is measured
continuously using a K-type thermocouple with a spring-loaded joint to maintain steady
surface contact. The temperature on the front face is probed only for short times to avoid
altering the flame dynamics using a S-type thermocouple, with the exposed wire protected
by a ceramic coating. Furthermore, the samples are monitored with video cameras during
the entire test duration to identify precisely the ignition onset and the flame quenching at the
front face. The small-scale test rig was mounted in an approximately 1 cubic meter enclosure,
separated into a hot side where the flame impinges on the sample and the cold side where
weak outgassing of the sample and natural convection dominated.
6.4
6.4.1

Modeling
Coupling architecture

The modeling approach implemented here consists of three coupled sub-models. First, a
zero-dimensional chemical kinetics model computes the pilot flame chemical equilibrium as
a function of the oxidizer and fuel composition (sub-model 1). This model provides the composition of the pilot flame exhaust gases Xb , mass flow rate ṁb (kg m−2 s−1 ) and temperature
Tb , that are used as input parameters for sub-models 2 and 3. Then, a one-dimensional
pyrolysis model computes the thermal degradation of the composite during fire exposure as a
function of the heat flux q̇b (W m−2 ) received from the pilot flame and pyrolysate ignition at
its surface (sub-model 3). This model provides the pyrolysate composition Xg,pyr , mass flow
rate ṁg,pyr and temperature Tg,pyr . The one-dimensional computational domain is oriented
along the composite sample thickness and co-linear with the pilot flame axis, beginning at
the stagnation point of the flame impinging on the hot face and ending on the cold face.
The use of a one-dimensional domain in the solid phase is reasonable as the size of the zone
of approximately constant heat transfer on the hot face on the order of the pilot flame diameter (50 mm) and the sample width (25 mm) are both much greater than the composite
thickness (1.6 mm). Therefore, the lateral dimension of the domain is more than 15 times
greater than the axial dimension (along the flame axis), which is greater than the minimum
factor of 3 traditionally used to justify the use of one-dimensional domains. In the literature,
one-dimensional pyrolysis models have been used successfully to predict the degradation of
composites in similar geometrical configurations, exposed to pilot flame [57] or radiant heat
flux [73, 132]. Finally, when the pyrolysates flow out of the solid phase and encounter the
pilot flame exhaust gases, they form a combustible mixture that can potentially ignite as
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Figure 6.1 Small-scale test used to reproduce the conditions encountered in real full-scale
certification tests.
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an axisymmetric non-premixed counterflow flame. A one-dimensional counterflow diffusion
flame model is therefore used to identify ignition conditions and provides the flame temperature Tf l , which is then used to update the heat flux received by the material q̇b (sub-model
2). The computational domain for this sub-model begins at the burner exit and ends on the
material surface. It is worth noting that similarity solutions reducing a three-dimensional
problem to a single dimension have already been used successfully to predict the velocity
profile of a two-dimensional stagnation point flow in a close configuration [200].
Pyrolysate ignition and heat feedback are modeled as a function of time. The total duration
of the fire test is therefore divided into time steps, during which all sub-models exchange
data. The pilot flame rapidly reaches steady state and this equilibrium is assumed to be
independent from processes in the solid sample or in the thin layer close to the surface where
pyrolysates burn. This hypothesis is reasonable as chemical equilibrium is typically reached
in the order of magnitude of 10−6 s for methane combustion, which is much faster than the
time required to attain the sample surface (in the order of magnitude of 10−2 s) or the duration of a time step (not less than 10−3 s). The pilot flame sub-model is therefore called
only once at the first time step and is not updated thereafter. The chemical processes in
the gas phase in the vicinity of the sample surface are assumed to occur very fast relative
to the processes in the solid phase, such that the pyrolysate ignition model is computed in
steady state, whereas the pyrolysis model in the solid phase is computed in transient state.
Therefore, the counter-flow diffusion flame and pyrolysis sub-models are called at every time
step because, as the material degrades, pyrolysate mass flow rate and temperature evolve
over time. The solid and gas phase modeling are combined through a master-slave strong
coupling. The solid phase code provides the pyrolysate mass flow rate and temperature on
the hot face and calls the counterflow diffusion flame model at each iteration. Figure 6.2
represents the modeling approach implemented here as well as the data exchanged.
6.4.2

Pilot flame modeling (sub-model 1)

The pilot flame is modeled with the chemical kinetics software Cantera [160], providing the
composition and temperature of the exhaust gases at chemical equilibrium. This is achieved
using the GRI-MECH 3.0 mechanism (53 species and 325 reactions) with a non-stoechiometric
solver, holding pressure and enthalpy fixed (function equilibrate in Python). The burner used
in this work is a partially premixed methane burner. Both oxidizer (O2 ) and fuel are diluted
with 55% volume CO2 to achieve the conditions specified in the certification test procedure
in terms of flame temperature and heat flux. The flow rate is 7 Standard Liter Per Minute
(SLPM) for both fuel and oxidant, yielding ṁb ≈ 0.23 kg m−2 s−1 . Air is added to the
mixture in Cantera to account for mixing with the atmosphere to reach a flame temperature
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1
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equilibrium
0D domain
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Pyrolysate ignition
Steady
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Thermal degradation
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qb = hc,hot(max[Tfl,Tb]- Ts,hot)

qb

Figure 6.2 Architecture of the coupled approach, which consists of three sub-models coupled
together. The temperature and composition of the pilot flame impinging on the composite
are modeled in zero-dimension at stationary state with Cantera (sub-model 1). The pyrolysate composition, mass flow rate and temperature are computed with a one-dimensional
transient pyrolysis model (sub-model 2). The mixing of pyrolysate with pilot flame exhaust
gases and their ignition are modeled with a one-dimensional stationary counter-flow diffusion
flame model in Cantera (sub-model 3). The arrows represent data fluxes. Dashed arrows
depict weak coupling (variables computed only once) and solid arrows depict strong coupling
(variables updated at each iteration).
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of 1366 K. The composition of the pilot flame exhaust gases computed by Cantera is provided
in Table 6.2.
6.4.3

Counterflow diffusion flame modeling (sub-model 2)

The counterflow diffusion flame model provided by Cantera [160] (class CounterflowDiffusionFlame in Python) is used to calculate the pyrolysate ignition. Three boundary conditions
were defined on each side: the mass flow rate ṁb , temperature Tb and composition Xb of the
exhaust gases on the burner side, and the pyrolysate mass flow rate ṁg,pyr , temperature Tg,pyr
and composition Xg,pyr on the material side. The calculation of the temperature profile is then
performed in a one-dimensional domain going from the burner exit to the material surface.
Material ignition is defined here as the moment at which the boundary layer temperature
exceeds the temperature of the exhaust gases of the pilot flame. This is a practical criterion
as the objective of this study is to determine when the heat feedback from pyrolysate ignition
outreaches the heat flux provided by the calibrated pilot flame.
6.4.4

Solid phase modeling (sub-model 3)

This section aims at developing a generalized and comprehensive pyrolysis model. First,
the multi-components approach used to compute the composite properties as a function of
the properties of its phases is introduced. Then, the modeling of the degradation rate is
described. Finally, a mathematical model based on conservation equations is developed.
Finally, the finite element formulation and time-step integration are introduced. The model
is based on the following assumptions:
• The control volume remains constant, which implies that the variation of mass and
density are equivalent. Swelling and delamination are neglected [35].
• The gas behave accordingly to the perfect gas law [43].
• The entire void space contained in the composite, i.e. its pores, is interconnected [161].
• The diffusivity D (m2 s−1 ) is assumed to be the same for all gaseous species and equal
to their kinematic viscosity ν (m2 s−1 ) [43].
Species
Molar composition (−)

N
0.62

CO2
0.16

O2
0.12

H2 O
0.09

Table 6.2 Composition of the exhaust gases emitted by the partially premixed methane burner
used in the small-scale fire test. Only the main species (≥ 0.09 mol mol−1 ) are reported here.
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• The pyrolysate vapors are assumed to be in thermal equilibrium with the solid phase [109]
and flow toward the hot face through the porous media with no resistance [44,73]. Gas
migration toward the cold face is not modeled, since the cold face is considered impermeable until the matrix is consumed.
Multi-components approach
A composite material undergoing thermal decomposition is composed of several distinct
porous media, in the sense that every small volume at the mesoscopic level always contains
both solid and gas phases, in the form of a solid component with an interconnected network
of pores [161, 162]. Figure 6.3 presents a conceptual view of a control volume containing
matrix, fibers, char and porosity, for a carbon-epoxy composite exposed to fire. The volume
fraction Xi of each phase i is given by:
Xi =

Vi
Vtot

(6.4)

where Vi is the volume of phase i and Vtot the total control volume. The volume fraction
can be defined not only with respect to the control volume but also with respect to the total
solid or gaseous phases as:
Vi
(6.5)
Xi,p = Np
X

Vi

i=1

where p represents the phase of interest (p = s and p = g for respectively solid and gaseous
phases) and Np indicates the total number of solid or gaseous phases in the control volume.
A distinction must be made between the absolute density ρi , that is the density of a control
volume containing only the phase i, and the weighted bulk or effective density ρ̄i , that is the
density of phase i with respect to a control volume containing several different phases. These
quantities are related to each other as
ρ̄i = ρi Xi

(6.6)

Next, parameters with an overbar indicate effective quantities, defined with respect to the
control volume. The total density of the control volume ρ̄ is given by:
ρ̄ =

N
X
i=1

ρ̄i =

N
X
i=1

Xi ρi

(6.7)
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Figure 6.3 Illustration of a control volume containing several phases: matrix, char layer and
carbon fibers. Although the domain is one-dimensional, the control volume has been drawn
as a two-dimensional conceptual view for better understanding.
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Then, the mass fraction is defined as:
Yi =

mi
ρ̄i
ρi
=
= Xi
mtot
ρ̄
ρ̄

(6.8)

The porosity represents the quantity of gas stored in pores appearing during the degradation
or initially present in the composite. It is defined as the volume fraction of void in each
porous medium. The porosity φi (m3 m−3 ) is computed from each species bulk density as:
ρ̄i
ρ̄i,0

φi = 1 −

(6.9)

where ρ̄i,0 corresponds to the effective density of the non-porous phase i over the control
volume. Finally, the total porosity is given by:
φ̄ =

N
X

(6.10)

Xi φi

i=1

The temperature dependence of cp and λ can be defined with a polynomial interpolation as:
P̄i (T ) =

X

Cij T j

(6.11)

j

where Cij is the jth polynomial coefficient of the ith thermo-physical property. The parameters Cij are then chosen empirically to fit experimental data representing the property P̄i as
a function of temperature. Once the temperature-dependent properties of each phase have
been calculated, the effective thermo-physical properties of the entire control volume can be
computed with mass (cp ) or volume fraction (λ, ρ, φ, M , emissivity  (-)).
Modeling of the degradation rate
Consider a system of reactions composed of Nr equations including Ni different species,
occurring in the sample during fire exposure
Ni
X

0
θij
Si =

i=1

Ni
X

00
θij
Si + qj

(6.12)

i=1

where the θij are the mass stoichiometric coefficients and Si the different species. The reaction
rate kj of each reaction j is computed according to:
"

ρ̄ − ρ̄∞
kj = (ρ̄0 − ρ̄∞ )
ρ̄0 − ρ̄∞

#nj



Aj exp −

Ej
RT



(6.13)
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where nj is the reaction order and ρ̄0 and ρ̄∞ respectively refer to the initial and final (after
degradation) densities of the reacting phase.
Mathematical model
The thermo-chemical model consists of simultaneously modeling the conservation of solid
species, gas phase mass, gaseous species and energy in a one-dimensional domain:
Nr
∂ ρ̄i X
=
θij kj
∂t
j=1

(6.14a)

N

g Nr
X
∂ρg φ̄ ∂ ṁg X
θij kj
+
=
∂t
∂x
i=1 j=1

∂Yi,g
∂Yi,g
∂
∂Yi,g
φ̄ρg
+ ṁg
=
φ̄ρg D
∂t
∂x
∂x
∂x
∂T
∂T
∂T
∂
ρ̄c¯p
λ̄
+ ṁg c¯pg
=
∂t
∂x
∂x
∂x

(6.14b)

!

!

+

+

Nr
X

θij kj

(6.14c)

j=1
Nr
X

kj qj

(6.14d)

j=1

where Nr is the number of chemical reactions and ρg the gas density (kg m−3 ). The heat is
assumed to be transmitted only by convection from the flame to the composite [26]. As the
material temperature increases, it also loses heat by radiation. The heat flux on the hot face
of the material is given by:
4
jq,hot = hc,hot (Tbl − Thot ) − σhot (Thot
− T04 )

(6.15)

where hc,hot is the convective heat transfer coefficient between the pilot flame and the solid
surface (W K−1 m−2 ), σ the Stefan-Boltzmann constant (W m−2 K−4 ) and Thot the hot face
temperature. T0 is the temperature of the surroundings and also the initial material temperature. The heat flux measurement with a heat gauge on the composite surface yields
hc,hot = 108.5 W m−2 K−1 close to the stagnation point. In this work, the material emissivity
is assumed to be 0.85 [210]. Tbl denotes the temperature immediately outside of the boundary
layer in the gas phase close to the composite hot surface. The key concept of this coupled
approach is to use different values of Tbl over time. At the beginning of the fire test, when the
pyrolysate flow is not significant, Tbl is equal to the pilot flame temperature Tb . The effective
temperature for the heat transfer across the boundary layer next to the sample surface Tbl
is then taken as the highest temperature between Tb and the temperature computed by the
counterflow diffusion flame sub-model Tf l . The radiative heat feedback from the pyrolysate
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ignition is neglected, when compared to the convective heat transfer from the impinging
flame. On the cold face, the material is assumed to be subjected to natural convection and
radiation heat losses such that:
4
jq,cold = −hc,cold (Tcold − T0 ) − σcold (Tcold
− T04 )

(6.16)

where hc,cold and Tcold are respectively the convection coefficient and material temperature on
the cold face. hc,cold is computed with the McAdams correlation for natural convection [211].
The initial density of the gaseous species in the solid, as well as the initial flux of gaseous
species on each boundary, are set to zero. The mass flow rate ṁg is computed by integrating
Equation 6.14b:


Ng Nr
Z L X
X
∂ρ
φ̄
g

 dx
θij kj −
(6.17)
ṁg =
∂t
xcv
i=1 j=1
where L is the composite thickness. By analogy with heat transfers, Robin boundary conditions are assumed on each face to compute the mass fraction Yi,g as:
jY =


hc 
Yi,g |∞ − Yi,g
c̄pg

(6.18)

Finite Element Formulation
The system of coupled differential equations 6.14a to 6.14d is modeled with the Finite Element
approach [143]. The temperature T (x, t) and mass fractions Yi,g are discretized over the entire
computational domain, divided into n elements. Each element is constituted of two nodes to
which a value of T and Yi,g are assigned. In the following, a simple bar under a letter indicates
a vector and a double bar a matrix. Between two nodes, the variables are approximated on
each element Ωe by a linear interpolation represented by an approximation function ψ e (x)
as:
T (x, t) = ψ e (x)T e (t) =

2
X

ψje (x)Tje (t)

(6.19)

j=1

Yi,g (x, t) = ψ e (x)Y ei,g (t) =

2
X

e
ψje (x)Yij,g
(t)

(6.20)

j=1

with:

"

l−x x
ψ e (x) =
l
l

#

∂ψ e (x)  −1 1 
=
∂x
l l

(6.21a)
(6.21b)
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where l is the length of one element (m). The Bubnov-Galerkin method is applied to Equations 6.14c and 6.14d and all the terms are regrouped [143], providing the finite element
model:
e
C eY Ẏ i,g + (K eY,1 + K eY,2 )Y ei,g = F eY,1 − F eY,2
(6.22)
With:
C eY

=

0

F eY,1

ψ eT φ̄e ρeg ψ e dx

(6.23a)

∂ψ e
dx
∂x
0
Z l
∂ψ eT e e e ∂ψ e
=
φ̄ ρg D
dx
∂x
0 ∂x
−jY,0 
=
jY,l

K eY,1 =
K eY,2

Z l

F eY,2 =

Z l

Z l

ψ eT ṁeg

ψ eT

0

Nr
X

θij kj dx

(6.23b)
(6.23c)
(6.23d)
(6.23e)

j=1

e

C eT Ṫ + (K eT,1 + K eT,2 )T e = F eT,1 − F eT,2

(6.24)

With:
C eT =
K eT,1
K eT,2
F eT,1
F eT,2

=

Z l
0

Z l

ψ eT ρ̄e c̄ep ψ e dx
eT

∂ψ
ṁeg c̄ep,g

(6.25a)
e

dx
∂x
Z l
∂ψ eT e ∂ψ e
=
λ̄
dx
∂x
0 ∂x
−jq,0 
=
jq,l
ψ

0

=

Z l
0

ψ

eT

Nr
X

kj qj dx

(6.25b)
(6.25c)
(6.25d)
(6.25e)

j=1

Finally, the elemental matrices are assembled to calculate the global matrices [143]. It is
worth noting that the element matrices C, K and F depend on the element properties,
which in turn depend most of time on the variables Y and T . Therefore, their terms are
computed with estimated variables and the convergence is investigated in an iterative process
with the fixed point method.
The duration of the fire test is divided into m discrete time steps and the duration of an
interval is ∆t = tn+1 − tn , where n indicates the time step number. The variation of T in
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one time step is described by the Crank-Nicholson approach [143]:
∂T a
T n+1 − T n
=
∂t
∆t

(6.26a)

T a = (1 − Θ)T n + ΘT n+1

(6.26b)

where the superscript a denotes the approximation of T used to compute the element matrices
and Θ = 0.5. A similar procedure is used to compute the temporal variation of Yi,g . Finally,
Figure 6.4 represents the code algorithm.
6.5

Material characterization

An aerospace-grade carbon-fiber epoxy pre-preg (procured from Solvay - formerly CYTEC Tulsa, OK, USA) is selected as the base material to validate the proposed approach. This
material system (carbon reinforcement: HTS40 E13 3K PW) is based on an Out-of-Autoclave
(OOA) toughened epoxy. An 8-ply quasi-isotropic laminate [0◦ , +45◦ , 0◦ , −45◦ ]S is prepared
following the manufacturer’s recommended cure and post-cure cycles.
6.5.1

Physical properties

Both solid and gaseous species co-exist in the sample exposed to fire, as the degradation
degree progresses. The different phases making up the material are referred to here by the
index m for the matrix, f for the fibers, ch for the char and g for the gaseous species (pyrolysis and oxidation products, air, combustion exhaust gases, etc).
At least two samples of the same material are required for a full characterization of the phases:
a virgin composite sample (containing only matrix and fibers) and a fully pyrolyzed composite
sample (containing only char and fibers). To prepare the fully pyrolysed sample, a virgin composite is placed into a furnace tube (Carbolite Gero STF) with an inert argon flow. The sample is then heated at 3 K/min until reaching 1300 K, then kept at a constant temperature for
one hour. The mass of the samples is reduced by 26.5%±0.43% after pyrolyzation. With this
method, the fully pyrolyzed sample contains only non-oxidized fibers and char. The density
of a virgin sample is measured using the Archimedean principle at 297.65 K (24.5 ◦ C). This
method yields a density for the virgin composite of ρv = 1460.27±1.5% kg m−3 , where the index v refers to a virgin sample. The density of the pyrolyzed composite is computed using the
mass loss previously measured and assuming constant volume, yielding ρp = 1073.3 kg m−3 ,
where the index p refers to a pyrolyzed sample. For each sample, the composite density is
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expressed as a function of the phase densities and volume fraction as:
ρ̄v = Xm ρm + Xf ρf = ρ̄m + ρ̄f

(6.27)

ρ̄p = Xm [φch ρg + (1 − φch )ρch ] + Xf ρf

(6.28)

Considering the matrix and fiber densities provided by the material supplier and neglecting
the porosity of the virgin composite, the matrix and fiber volume fractions can be obtained
through Equation 6.27 and are listed in Table 6.3. Similarly, Equation 6.28 can be used to
estimate the porosity if ρch is known, which is crucial for calculating the thermal conductivity.
However, the char density is challenging to measure independently. For this reason, the char
density of another epoxy resin (M21, Hexcel) measured by Biasi [52] is used in the following
to compute φch .
6.5.2

Thermal properties

Heat capacity
Figure 6.5 represents the heat capacities of the virgin and pyrolyzed samples measured by
DSC (NETZSCH DSC 204F1 Phoenix) from 260 to 475 K. The heat flow of the samples
is compared to that of a sapphire sample with similar mass and diameter, under inert atmosphere and at a heating rate of 20 K min−1 . The composite heat capacity is computed
with a mixture rule weighed by the mass fraction of each phase. The determination of the
heat capacity of each sub-phase from the global measurement requires the knowledge of
thermal properties for at least one of the phases, for instance the carbon fibers which are
common to both samples. To the best of our knowledge, the material system’s reinforcement
(HTS40 fiber) used in this work lacks publicly-available thermal properties. However, other
polyacyrlonitrile (PAN)-based commercial fibers have similar tensile strength and modulus.
The AS4 carbon fibers which have been characterized between 280 and 680 K by other rePhase

ρi
(kg m−3 )

Matrix
Fibers
Char
Pyrolysates

1180 [212]
1760 [212]
1488.7 [52]
1.017 [52]

Virgin sample
Xi,v
Yi,v
3
3
(m /m ) (kg/kg)
0.5168
0.4176
0.4832
0.5824
-

Pyrolyzed sample
Xi,p
Yi,p
3
3
(m /m )
(kg/kg)
0.4832
0.7924
0.1494
0.2073
0.3674
3.480 × 10−4

Table 6.3 Physical properties of the carbon/epoxy composite.
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searchers [213], are used in this work. With these properties for the HTS40 carbon fibers,
the matrix and char heat capacities can be determined from the DSC measurements carried
out. Results and range of validity are shown in Table 6.4.
Thermal conductivity
Figure 6.6 represents the material thermal diffusivity measured in vacuum with a Linseis
XFA 600 system. The temperature programs ranged from 300 to 500 K, and 300 to 780 K
for virgin and fully pyrolyzed samples, respectively. The thermal diffusivity of the fully
pyrolyzed sample is lower than that of the virgin material, most likely because of the high
level of porosity that hinders heat transfer.
The material conductivity is subsequently computed within an elementary control volume
containing matrix, fibers, char and gas in three steps. First, the conductivity of the porous
char layer λch,porous is computed as a function of the char and gas conductivities with the
Maxwell’s model [163]:
"

λch,porous = λch

λg + 2λch + 2φch (λg − λch )
λg + 2λch − φch (λg − λch )

#

(6.29)

Then, the conductivity of the degraded matrix is computed as a function of the porous char
and matrix conductivities with a rule of mixture following Reuss model, as the char is first
formed on the hot side of the control volume. A similar method is used to compute the
conductivity of the oxidized fibers as a function of the fibers and gas conductivities as:
λm,degr =

Xm Xch,porous
+
λm
λch,porous

λf,degr =

Xf
φf
+
λf
λg

!−1

(6.30)

!−1

(6.31)

Finally, the conductivity of the complete composite is computed as a function of the degraded
matrix and fibers conductivities with the Clayton model [164]:

λ̄ =

v
u
λm,degr u
t
 (1 − Xf )2

4

!2

λf,degr
−1
λm,degr

!#2

4λf,degr
λf,degr
+
− (1 − Xf )
−1
λm,degr
λm,degr

(6.32)

With a value for the thermal conductivity of the carbon fibers extracted from the literature,
the thermal properties of all the phases are presented in Table 6.4. The radial thermal
conductivity of the carbon fibers λf can be calculated from the axial one λf a with the
orthotropy ratio F = λf a /λf [214]. An orthotropy ratio of 6.10 has been estimated from the

Heat capacity [J/(kg.K)]
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Figure 6.5 Heat capacity of the virgin and pyrolyzed carbon/epoxy obtained by DSC.
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Figure 6.6 Thermal diffusivity of the virgin and pyrolyzed carbon/epoxy obtained by XFA.
The dashed lines are polynomial interpolations.
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properties of a AS4/3501-6 carbon/epoxy composite [214], similar to the material used here.

6.5.3

Chemical properties

The kinetic triplet (Aj , Ej , nj ) describing reaction j in a thermal degradation model can be
inferred experimentally from TGA measurements [47]. Carbon/epoxy samples are exposed
to three different heating rates, i.e. 5, 10, and 25 K min−1 , under inert (N2 ) and oxidative
atmospheres. The pilot flame releases several species, such as O2 , H2 O, CO2 , CO, O, OH
that are likely to oxidize the carbon species contained in the composite. However, the exact
composition of the exhaust gases from the pilot flame presented in Table 6.2 cannot be replicated in TGA experiments. For this reason, a standard method based on oxidation in air
has been preferred in this work, following the procedures commonly used in the literature.
Isoconversional methods are used to obtain the values of the kinetic triplet for matrix pyrolysis, char oxidation and fiber oxidation, assuming single-step degradation [215]. The
parameters describing the chemical degradation of the material are reported in Table 6.5, as
well as the char yield θj (kg kg−1 ), that represents the quantity of char produced per kilogram
of matrix pyrolyzed. Finally, the heat of reaction measured in [128] for an epoxy resin and
in [52] for char and carbon fiber oxidation is used to quantify the heat absorbed or released
by the material degradation.
The outgassing from char and carbon fibers oxidation is assumed to be composed only of
CO2 . The modeling of pyrolysate ignition being strongly influenced by their composition,
more research is needed to measure quantitatively the composition of pyrolysate exhaust
gases as a function of the material temperature and/or degradation degree.
6.6
6.6.1

Results and discussions
Gas phase reactions and heat feedback

The predictions of the model for the temporal evolution of the heat flux received by the
material, the pyrolysate mass flow rate, the composite hot face temperature and the boundary layer temperature are shown in Figure 6.7. To assess the effect of pyrolysate ignition,
two predictions are compared: a case with ignition, modeled with the coupled architecture
introduced in Section 6.4.1, and a case without ignition, modeled with the pyrolysis model
only (no coupling with Cantera). According to the results of Figure 6.7b), matrix pyrolysis
and emissions of pyrolysates from the hot face starts after 8 seconds of fire exposure. Then,
the pyrolysate mass flow increases with the matrix degradation rate, until a critical value is
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Phase
Matrix
Fibers
Char
Pyrolysates
Phase
Matrix
Fibers
Char
Pyrolysates

cp,i (J K−1 kg−1 )
−5156 + 30.68T
−0.0442T 2 + 2.071 × 10−5 T 3
2367 − 8.212T
+0.01615T 2 − 8.529 × 10−6 T 3
−1.219 × 104 + 66.42T
−0.106T 2 + 5.302 × 10−5 T 3
1972.5 + 1.45T
+9.59 × 10−4 T 2 + 3.47 × 10−7 T 3
λi (W m−1 K−1 )
−1.1 + 9.084 × 10−3 T
−1.838 × 10−5 T 2 + 1.159 × 10−8 T 3
0.5638 + 0.002561T

Range (K)
260-475

−0.08318 + 6.528 × 10−4 T
−9.002 × 10−7 T 2 + 7.662 × 10−10 T 3
2.88 × 10−2 + 7.74 × 10−5 T

300-800

272-672 [213]
260-475
300-1000 [52]
Range (K)
260-475
272-672 [213]

300-1000 [52]

Table 6.4 Thermal properties of the carbon/epoxy composite determined from DSC and
XFA experiments. Where a reference is provided, values were extracted from the literature
for similar carbon fiber/epoxy composites.

Reaction
Pyrolysis
Char oxidation
Fiber oxidation

Ej
(kJ mol−1 )
193
112
260

Aj
(s−1 )
2.20 × 1013
1.7 × 104
4.93 × 1010

nj
(-)
3.03
1.76
4.83

θj
(kg kg−1 )
0.3678
0
0

qj
(kJ g−1 )
−2.5 [128]
3.43 [52]
8.94 [52]

Table 6.5 Reaction mechanism of a carbon/epoxy composite. Data inferred from TGA with
different heating rates 5, 10, 25 K min−1 .
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Figure 6.7 Temporal evolution of a) the heat flux received by the material jq,hot , b) the
pyrolysate mass flow rate ṁg,pyr , c) the hot face temperature of the material Tg,pyr , d) and
the boundary layer temperature Tbl .
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reached corresponding to the ignition conditions in the boundary layer. After a flame exposure time of 14.1 s, the model predicts a boundary layer temperature that exceeds the pilot
flame temperature. This threshold is selected as the criterion defining outgassing ignition,
consistent with experimental observations of flames onset on the hot face of the composite
after 9 to 11 s of fire exposure in our small-scale tests. After pyrolysate ignition, the heat
flux received by the material approximately doubles, increasing the material temperature
and further promoting its degradation. At that point, a self-sustained combustion could be
established; however, the formation of a porous layer of char mixed with carbon fiber and
the endothermicity of the pyrolysis reduce greatly the heat transfer to the matrix remaining
deeper in the sample. The pyrolysate mass flow rate starts to decrease, after a flame exposure time of approximately 19 s, causing finally the flame extinction at approximately 41 s.
The positive heat feedback from pyrolysate ignition is compensated after extinction, when
compared to a case without ignition, by higher radiative heat losses and reduced convective
heat transfer to the sample, again from the higher surface temperature. After 200 s, the hot
face temperature is the same with and without pyrolysate ignition.
6.6.2

Solid phase degradation

Figure 6.8 shows the numerically predicted and experimentally measured evolution of the
composite cold face temperature over a 10 minutes fire test, and Figure 6.9 presents the
evolution calculated by our model for the composite temperature, density, porosity and diffusivity throughout its thickness, for different fire exposure times. For comparison purposes,
a case without ignition has also been modeled and is shown on Figure 6.8. The initial exposure of the material to the flame, i.e between 0 and 11 s on Figure 6.8, corresponds to the
heating of the material purely by conductive heat transfer within the solid phase, prior to
thermal degradation onset. Figure 6.9b shows that the matrix starts to degrade significantly
at t = 11 s and the mass loss is very rapid because of the high reactivity of the epoxy resin.
As seen on Figure 6.7b, most of the pyrolysates are emitted between 14 and 40 s, leading to
material ignition. Model predictions show that the pyrolysis is complete after approximately
100 s, with the maximum temperature T = 800 K reached later, at t = 166 s. The temperature profile tends toward a steady state, slowly decreasing until the end of the certification
test. This slow decrease can be explained by the reduction of the material thermal diffusivity
because the carbon fiber and char oxidation increases the material porosity, as represented
on Figure 6.9c and d. This effect is especially important on the hot face of the material where
the temperature is maximum, reducing the heat flux received from the flame.

119

Cold face temperature [K]
800
750
700
650
600
550
500
450
400

Time [s]

350
100

200

300

500

400

448 s

101 s

Carbon fibers
oxidation

40 s

11 s 14 s

Matrix
pyrolysis

Experimental
Experimental (error bars)
Numerical (with ignition)
Numerical (without ignition)

Pyrolysates
combustion
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6.6.3

Sensitivity Analysis

A sensitivity analysis is done to investigate the relative influence of input parameters variations on the pyrolysate combustion. In the solid phase, the material thermal diffusivity
(m2 s−1 ), the kinetic triplet (E, A, n) and heat of reaction q describing the material pyrolysis have been varied by ±30%. In the gas phase, the burner mass flow rate ṁb , mole
fraction of O2 in the exhaust gases from the pilot flame and mole fraction of fuel contained
in the pyrolysate (H2 and C2 H2 ) are also varied by ±30%. The relative proportions of the
other species of Table 6.1 and 6.2 are kept constant. The variations of the time-to-ignition,
maximum boundary layer temperature and maximum heat flux received by the material are
reported in Figure 6.10.
In the solid phase, results show that the material thermal diffusivity has a relatively weak
influence on the model response. A reduction of λ/(ρCp ) lessens the amount of heat transmitted to the material and therefore delays the onset of matrix pyrolysis, which explains why
the time-to-ignition is slightly more important (+4.25%) when the diffusivity decreases. The
effect on the boundary layer temperature is even more limited (−1.65%) and is bound to
the hypothesis of local thermal equilibrium, which implies that the pyrolysate temperature is
equal to the material hot face temperature. However, it appears that pyrolysate combustion
is mainly driven by the activation energy (E) of the matrix pyrolysis. This parameter represents the amount of heat necessary to degrade the material and is therefore directly associated
to the production of pyrolysates. A variation of +30% of E can totally prevent the ignition,
and a deviation of −30% decreases the time-to-ignition by 75%. The effect on the boundary
layer temperature and heat flux is less important, although still dominant when compared
to the influence of other input parameters (+10% and +26%, respectively). Fluctuations
in the char yield also have an impact on the three parameters describing the pyrolysate
combustion, as it directly influences the quantity of pyrolysates produced by the pyrolysis.
Therefore, a diminution of the char yield increases the mass flow rate of pyrolysates, reducing
the time-to-ignition while increasing the heat feedback. This effect is however quite limited
when compared to the impact of activation energy and gas-phase reactions.
The sensitivity analysis for the gas-phase reactions is especially valuable considering the high
uncertainty in the model input data. A diminution of 30% of the fraction of fuel in pyrolysates
and oxidizer in the pilot flame exhaust changes the time-to-ignition by +10.6% and −2.12%,
respectively. These observations can be explained by considering that at the beginning of
pyrolysis, the quantity of pyrolysate emitted in the environment is very low when compared
to the quantity of oxidizer available. Therefore, a reduction of the mole fraction of oxidizer
or an augmentation of the mole fraction of fuel helps the mixture to reach its lower flammability limit. An increase of the fuel and oxidizer mole fractions promotes the heat feedback in
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similar proportions (+9%). An augmentation of the mass flow rate of exhaust gases increases
the strain rate in the gas phase and therefore delays the time-to-ignition (+2.12%), although
its effect is modest for all three parameters when compared to variations in pyrolysates or
exhaust gases composition.
6.6.4

Discussions

The model slightly overestimates the material temperature during the fire test compared to
experimental data, particularly during matrix pyrolysis. The origin of this error could not
be clearly identified, because of the large number of processes interacting during pyrolysis.
One likely explanation is however the swelling and delamination of the material, which are
not considered in the model but observed in the experiments. The delamination process is a
deconsolidation phenomenon of the fibrous structure, which is caused by the softening and
subsequent degradation of the matrix as well as the associated gas migration [65]. Moreover,
the fiber crimp of woven architectures plays an important role in this process as it promotes
spring-out. The presence of additional internal gas layers not considered in the model reduces
again the heat transfer to the composite, which could explain the error observed during the
fire test. However, it is worth noting that swelling is restrained in our case by the clamping of the sample on each extremity. The overestimation reaches 50 K at t = 115 s, which
corresponds to an error of 6.7%, and increases at the later stages of the fire test. A better
estimation of the heat released or absorbed by pyrolysis could also help to improve the agreement. Nevertheless, the qualitative agreement remains very good as the time to reach the
maximum temperature and the overall shape of the curve are correctly predicted.
The temperature variation after the maximum has been reached at t ≈ 200 s on Figure 6.8
reveals that oxidation reactions are not negligible. Oxidation reactions are slow, when compared to other processes such as pyrolysis and swelling, which are completed once the steady
state is reached. Therefore, the decrease of temperature observed experimentally on the cold
face is likely to be due to a reduction of the thermal diffusivity on the hot face, from carbon
fiber and char oxidation that increases porosity. However, oxidation reactions are most of
the time neglected in previous models found in the literature [35, 58].
The error in temperature prediction with experimental data increases as the steady state is
approached after 200 s, until reaching an overestimation of approximately 35 K at the end
of the fire test (4.7% of the total temperature increase). This increased error is likely due to
an underestimation of the carbon fiber oxidation. As a reminder, the composite oxidation
has been characterized by TGA in an oxidative (air) atmosphere, containing approximately
20% of oxygen. However, the combustion exhaust gases of the pilot flame contain only 12%
oxygen, but also contain H2 O, CO2 and combustion radicals, notably OH, that can have a
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major impact on solid carbon oxidation [71]. The effect of such species is not considered
in this work. The kinetic triplets characterizing graphite oxidation by these species have
already been measured in the literature and could be adapted to epoxy-derived char and
carbon fibers in a future work [66]. Results show that modeling the composite under fire
test conditions using air flow-derived kinetic triplets is inaccurate, although it can provide a
reasonable baseline in the absence of more appropriate source data.
It is also worth noting that the gases emitted by the fire test are evacuated by a ventilation
system that can contribute to cooling the composite backface, as represented on Figure 6.1.
This exhaust provides an additional weak forced convection term that has not been considered in the simulation results presented, in which the sample is cooled by natural convection
only. Simulations with forced convection on the cold face have shown that an air velocity
of 1 m s−1 reduces the temperature overestimation at the end of the test to approximately
26 K, instead of 35 K, showing that the ventilation has a limited influence on the composite
temperature.
A comparison between modeling with and without ignition reveals that ignition momentarily
increases the material backface temperature, but this effect has vanished after 150 s. Although including pyrolysate ignition does not significantly change the backside temperature
evolution on the long term, the heat feedback it yields to the sample is significant and the
diffusion flame modeling approach implemented here provides a novel way to quantify it.
During the time pyrolysate outgassing burns at the surface of the sample, the heat flux it
receives approximately doubles, as shown in Figure 6.7a, an effect that should be considered
when the temporal evolution of material properties or flame spread over the sample surface
are of interest.
The comparison between numerical and experimental data reveals that this coupled approach
is able to predict the time-to-ignition of a sample exposed to fire with good accuracy, without having to use optimization of material thermal properties against experimental data or
empirical formula. The time-to-ignition is slightly overestimated (14 s numerically versus 10
s experimentally), but this modeling is performed close to the stagnation point, where the
strain rate can be very important because of the high radial velocity gradient of the exhaust
gases from the burner. This could delay or even prevent the pyrolysate ignition [59]. The
non-ignited pyrolysate could thus be advected away and may ignite at some radial distance
away from the stagnation point, in locations with a lower strain rate and higher fuel concentration. A two-dimensional modeling of the same physical processes in both gas and solid
phases would be required to investigate this phenomena.
However, the pyrolysate composition is considered constant during the fire test but in reality, the outgasses composition is temperature-dependent and most of the combustible gases
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are released at a specific pyrolysis temperature. This could also influence the prediction of
the time-to-ignition. An independent modeling of each gaseous species with temperaturedependent source terms would allow to model a variable pyrolysate composition at the surface
of the composite, providing more accurate results. However, the effect of such a modeling is
expected to be quite limited as the pyrolysis is not homogeneous along the material thickness
because of temperature gradients. Nevertheless, the coupled modeling approach presented
here, with detailed chemistry in the gas phase used to model ignition of the pyrolysate and
heat feedback to the sample is comprehensive and can be extended by for instance variable
outgassing composition or more detailed pyrolysis models in the solid phase.
Results from the sensitivity analysis show that pyrolysate combustion is mainly controlled by
the activation energy of the matrix pyrolysis. However, variations of the composition of pyrolysates or exhaust gases from the pilot flame also have a significant effect on the gas-phase
reactions. In particular, fluctuations in the mole fraction of oxygen in the exhaust gases
affect both the time-to-ignition and heat feedback from pyrolysates combustion. Yet, the
fraction of oxidizer contained in the flame exhaust is directly related to the burner operation
parameters, such as the type of fuel and calibration method.
6.7

Conclusion

Pyrolysis models are used in the industry to predict the outcome of fire certification tests.
Our results revealed that these predictive tools are very sensitive to the ignition of the pyrolysates emitted by the matrix degradation, which provides an additional and non-controlled
heat feedback at the surface of the material. Most of the time, the pyrolysate ignition is
modeled with empirical parameters specific to each material and fire test conditions, or with
simplified chemical kinetics that are not representative of the complexity of the processes
at play. There is therefore a need to develop new theoretical approaches able to model the
pyrolysate ignition regardless of the material or fire test conditions.
This research presents a new numerical approach to model the heat feedback and time-toignition at the surface of a composite exposed to fire test, that does not require empirical
parameters specific to each test or material. This method relies on the coupling of several
sub-models accounting for the thermal, chemical and physical processes in both gas and solid
phases. The approach is implemented and compared against experimental data for a carbon
fiber epoxy matrix composite, whose thermal, physical and chemical properties have been
measured experimentally through simple and standardized experiments (Archimedean principle, DSC, XFA and TGA). The comparison between modeling results and experimental
data obtained in a small-scale fire test facility reproducing the conditions of certification
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demonstrates the ability of the model to predict the composite backface temperature with
a maximal error of 6.7% (50 K) in realistic test conditions. In particular, the prediction of
the time for increased heat release in the boundary layer due to pyrolysate ignition (14s in
the model) is consistent with the time-to-ignition measured experimentally in the fire test
(9 − 11s). Results also shows that the heat flux received by the material approximately doubles just after the onset of pyrolysate combustion, although such ignition is often neglected
in the literature. However, pyrolysate ignition has no significant influence on the composite
thermal degradation if the fire test lasts more than 200 s. A sensitivity analysis showed
that uncertainty in the pyrolysate combustion is mainly affected by changes in the activation energy of the matrix pyrolysis, which indicates that this parameter must be thoroughly
measured to ensure the predictive capabilities of the model. Moreover, the composition of
exhaust gases from the pilot flame have a significant influence on the pyrolysate ignition. As,
this composition is directly related to the burner operation parameters, these results suggest
that the calibration method has an impact on the composite thermal degradation.
This test-case demonstrates the ability of the numerical tool to predict theoretically crucial
parameters such as time-to-ignition and heat feedback from pyrolysate combustion, without
relying on empirical parameters. In a future work, the authors intend to apply this numerical
approach to model several fire tests, involving different materials and pilot flames to demonstrate the capacity of the architecture to be adaptable to different conditions.
Desirable improvements to the model could include a better quantitative measurement of
pyrolysate composition, including time dependence of each gaseous species as a function of
the matrix temperature and degradation degree. A two-dimensional modeling could also
allow to investigate pyrolysate ignition at some radial distance from the stagnation point,
in locations with higher pyrolysate concentration and lower strain rate. Moreover, the same
coupled architecture could be applied on the cold face of the material to predict the backside
ignition, which is an important failure criterion in aerospace materials certification [15].
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CHAPTER 7

GENERAL DISCUSSIONS

The objective of this thesis was to model the thermal response of a composite material
exposed to fire test. A coupled architecture has been developed to model heat and mass
transfers in both solid and gas phases and validated against a small-scale fire test. The
temperature-dependent properties of the material, as well as parameters describing the solid
phase chemical reactions, have been measured through independent experiments.
On the solid phase, the influence of the nature and number of intermediate reactions on the
resin pyrolysis has been investigated with a phenomenological approach. The results indicate
that a mechanism can provide a very good agreement against mass loss rate data and be simultaneously unable to model the variation of residual mass with heating rate. This suggests
that in some cases, the activation energy and pre-exponential factor can be optimized at the
expense of the char yield. However, both parameters (E/A and char yield) have an influence
on the thermal response of the material, although the extent of this influence depends on
the nature of the material considered. There is therefore a need to investigate the impact of
optimizing the activation energy at the extent of the char yield for several classes of materials. A possible method to achieve that would be to implement several reaction schemes of
different nature in a pyrolysis model to investigate their effects on the thermal response of
the material. In this work, the equipment necessary to measure the heat absorbed or released
by the chemical reaction in the solid phase was not available. As a consequence, the heat
of reaction associated with epoxy pyrolysis had to be found in the literature. This data is
available for a single-step reaction only, which explains the use of such a reaction scheme in
Chapter 6, although more complex reaction schemes are suggested in Chapter 5. Further
research is needed to optimize simultaneously mass loss rate and heat of reaction associated
to complex reaction schemes.
The thermal properties of the composite were measured as a function of temperature to be
used as input parameters in the model. In order to have a generalized model applicable to
various types of matrix/fiber combinations for fast-testing purposes, the thermal properties
have been measured independently for each phase instead of relying on the global properties
of the composite. The results suggest that the properties obtained, and particularly the
thermal conductivity, are not absolutely valid but rather valid relatively to the hypothesis
and geometrical models used to infer them (Voigt, Reuss, Maxwell, Clayton model, etc),
which in turn depend on the composite architecture and must therefore be thoroughly chosen. Moreover, due to equipment limitations, these properties have been measured over a
narrowed range of temperatures, which is only partially representative of the temperature
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range encountered in fire tests. Further work is needed to measure these properties over a
wider range of temperatures.
The thermal response of a composite material to fire test has been modeled with a coupled
architecture. This approach avoids the use of empirical formulations to predict the pyrolysate
combustion as it was commonly done in the literature so far. The implementation of a very
detailed reaction scheme (GRI-Mech 3.0) allowed to predict the time-to-ignition and heat
feedback with a theoretical approach, adaptable to various fire test conditions, materials and
burner operation parameters. Predictions of the time-to-ignition and backface temperature
were in good agreement with experimental data obtained from a small-scale fire test, which
is proof of concept of this approach. A sensitivity analysis indicated that the time-to-ignition
is mostly driven by the activation energy, but that the atmosphere and pyrolysate composition also play a role. This suggests that the burner fuel and calibration method used to
reach the certification requirements could have an impact on the thermal response of the
composite, even if this effect is rather limited in our results when compared to other factors
such as solid-phase reactions. In a future work, it would be interesting to model the effect of
varying the fuel and calibration methods on the material thermal response. The validation
should also be extended to other variables, such as the through-thickness temperature of the
composite, and temperature reached by the pyrolysate combustion.
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CHAPTER 8

8.1

CONCLUSION AND RECOMMENDATIONS

Summary of the work

The goal of this research is to model numerically the thermal degradation of an aerospace
composite undergoing a fire certification test, with ultimately the objective of reducing the
number of tests necessary to certify materials and therefore accelerating the development
process of new fire resistant composites.
To address these objectives, a new numerical method was developed and applied on a carbonepoxy aerospace composite. First, the thermo-chemical response of a composite material to
a heat source was modeled with the Finite Element Method in Chapter 4. The chemical
reactions leading to the composite degradation were characterized in Chapter 5. A novel
coupling architecture was proposed in Chapter 6 to model pyrolysate ignition and combustion
on the surface of the composite during a fire test. The global methodology was validated by
comparing the model predictions to the outcomes of an experimental small scale fire test. The
thermal properties of the carbon-epoxy composite were thoroughly measured as a function of
temperature through independent experiments and used as input parameters in the model.
An improvement in the methodologies used to model polymer chemical decomposition is
achieved with the characterization of epoxy pyrolysis in Chapter 5. Several reactions schemes
with a variable number of reactions of different nature are considered and compared with
a phenomenological approach. Results show that on one hand, the addition of parallel or
consecutive reactions enhances the accuracy of the mass loss rate prediction against TGA
data, but cannot account for the variation of residual mass observed when the heating rate
is changed. On the other hand, adding competitive reactions does not change significantly
the accuracy of mass loss rate prediction but is the only reaction scheme able to account for
the observed variable residual mass. This research demonstrates that contrary to what is
commonly done in the literature, adding consecutive or parallel intermediate reactions is not
always representative of the material chemical behavior, even if it allows a better quality of
fit of the predicted mass loss rate against TGA data.
A new perspective in the modeling of pyrolysate combustion is achieved with the coupling
of a gas-phase chemical kinetics software to a solid-phase thermo-chemical model. This
innovative coupled architecture is able to simulate chemical reactions occurring in both solid
and gas phases simultaneously. The complexity of the reaction scheme used to model gasphase reactions (GRI-Mech 3.0) allows to model the time-to-ignition and heat feedback from
pyrolysate combustion as a function of the composition of pyrolysates and exhaust gases
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from the pilot flame. Results show that the heat flux received by the material approximately
doubles when pyrolysate burn close to the surface, although this additional heat source is
often neglected in the literature. Moreover, this approach is able to model the composite
ignition without using empirical parameters specific to each material and fire test conditions.
This original architecture opens up new possibilities in the development of new fire-resistant
materials as it allows to test more rapidly several composite systems, without having to infer
empirical parameters every time the conditions of the fire test are changed.
8.2

Limitations and future research

Although this work addressed some of the gaps identified in the literature, several topics
require more investigation.
The three-dimensional equations governing the gas phase modeling are reduced to a single
dimension through the use of similarity solution. This type of one-dimensional configuration
was used successfully in previous work to model similar three-dimensional configurations of
impinging gas jet. However, it would be interesting to model the fire test in at least twodimensions to investigate if the non-ignited pyrolysate at the beginning of the fire test could
be advected away and ignite at some distance from the fire test, where the strain rate is lower.
As the chemical kinetics software used in this study is only available in one-dimension, the
coupling of a two-dimensional CFD code including GRI-Mech 3.0 or similar kinetic mechanisms in a two-dimensional pyrolysis model of the solid and gaseous phases could help to
address this issue.
The coupled architecture developed here to model pyrolysate ignition is only applied on the
hot face on the composite, on which the pilot flame impinges, as most of the pyrolysates
migrate in this direction. In theory, this architecture could also be applied on the cold face,
which would be very interesting as burn-through is often a failure criteria in certification
tests. The pressure solver developed in Chapter 4 is intended to model pyrolysates migration
towards the cold face as well, but could not be used for this purpose in Chapter 6 because of
its dependence on the composite permeability and the lack of time and resources to conduct
the experiments to characterize this parameter. Further work is thus necessary to model the
composite permeability as a function of its degradation.
The coupled architecture developed here is based on a quantitative knowledge of the pyrolysate composition. However, these data are challenging to measure and are to date very
scarce in the literature. Moreover, an average composition has been used in this work but
the pyrolysate composition is known to be time and temperature-dependent. It is therefore
desirable to gather more data on the pyrolysate composition and enhance the repeatability
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of the measurements techniques.
The composition of exhaust gases from the pilot flame includes many oxidative species and
is obviously very different from ambient air composition. As it was not possible to reproduce
such an environment in a TGA, it has been decided in this work to characterize composite
oxidation in an air flow, as it is usually done in the literature. As a result, the oxidation
predicted in the composite is most likely underestimated. Reaction mechanisms representing
the oxidation of graphite by a wide range of oxidative species are available in the literature and could be implemented in a future work to account for fiber and char oxidation.
However, the surface of the composite exposed to oxidative species must be available as an
input parameters in these models. This surface remains difficult to measure and model as it
includes not only the surface of the composite exposed to the flame, but also the surface of
the porosity inside the material, in which the oxidative species may diffuse. A model of pore
growth accounting for the variation of pores diameters as a function of decomposition degree
is therefore necessary to implement more realistic oxidation mechanisms on solid surfaces.
Although the method developed here is able to model pyrolysate ignition in various atmospheres, only one calibrated methane burner was available for the pilot flame at the time the
thesis was written. In a future work, a kerosene burner will be developed and calibrated to
investigate the impact of the fuel composition and calibration method on the time-to-ignition
of the composite.
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APPENDIX A THE IMPACT OF AIRCRAFT WEIGHT REDUCTION ON
MORTALITY ATTRIBUTABLE TO AIR POLLUTION

According to a recent study by Lelieveld et al. [1], air pollution is responsible of 8.8 million of
death every year through cardiovascular and respiratory diseases, in particular due to exposition to fine particle matters (diameter ≤ 2.5 µm) and O3 . The objective of this appendix is
to provide a rough estimation of the number of casualties caused by aircraft transport only,
and how many lives could be spared every year if the airplane weight was reduced by 1%
with the use of new lightweight materials.
Figure A.1 from Lelieveld et al. [1] provides an estimation of the excess mortality in the
world due to air pollution. Their research showed that anthropogenic emissions from the use
of fossil fuels only are responsible of 3239 × 103 deaths per year, which represents a loss of
life expectancy of 1.1 years per person. It is commonly admitted that the aeronautic sector
only is at the origin of 2.4% of all CO2 emissions [4, 216]. The part of aircraft transport
in surface ozone and particle matters emission is more difficult to estimate, but an order
of magnitude of 1% seems reasonable according to the recent literature [2, 3]. Obviously,
the location at which emissions are produced also have an influence on the hazardousness of
exhaust gases. Nevertheless, emissions of aeronautic transport are potentially at the origin
of 8800 × 103 × 0.01 = 88000 deaths every year. It is worth noting that another study from
2010 [217] estimated the number of premature death per year because of aircraft operations
to 8000, but it is based on an estimation of 0.8 million deaths because of anthropogenic air
pollution, much lower than the casualties estimated in by Lelieveld et al. [1].
An aircraft fuel consumption depends, among other, on the aircraft weight and range. Figure A.2 from [218] displays the fuel consumption per payload as a function of the aircraft
range. It can be read that for a range of 1600 km, which is the average non-stop flight length
in 2018 [219], the fuel consumption is close to 0.3 kg of fuel for 1 kg of payload. Therefore, a
reduction of 1% of aircraft weight through the use of new lightweight materials could reduce
the emissions of 0.3% on this type of flight and spare 264 lives per year, which represents
3275 lives spared over the next decade with an expected traffic growth of 4.6% per year [19].
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Figure A.1 Excess mortality attributable to ambient air pollution (from [1])

Figure A.2 Fuel consumption per aircraft payload as a function of flight range [218]
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APPENDIX B

INTRODUCTION TO COMPOSITE MATERIALS

A composite is a combination of at least two non-miscible materials, usually a matrix and a
reinforcement. The main advantage of composites is the possibility to tailor their properties
to a specific need through the choice and assembly of the different phases, yielding properties
very different to those of each phase alone. The matrix surrounds the other materials and
ensures the cohesion of the composite. Figure B.1 presents the different categories of matrices. Composites can be classified according to their matrix: polymer- (PMC), metal- (MMC)
or ceramic-based (CMC). On one hand, MMC and CMC are generally heavier, brittler and
more expensive than PMC and as such are mostly used in niche applications. On the other
hand, PMCs are the most popular given their versatility and easier manufacturing processes
and can advantageously be used in an airplane fuselage. For this reason, this thesis focuses
on PMCs. The resins used in PMCs can be divided in thermosets (mostly amorphous) and
thermoplastics (semi-crystalline and amorphous). The main difference between them lies in
the method to build the polymer from the monomer. A thermoset resin is made of macromolecular three-dimensional compounds irreversibly created by the curing of a viscous resin.
They cannot be reshaped once hardened. On the contrary to thermosets, thermoplasticbased composites are not created by a chemical reaction but by the reversible melting of a
resin at high temperature. They can be melted to be reshaped [220].
The reinforcement is chosen to improve particular properties. It often consists in fibers,
whose orientation is often chosen to enhance a property in a specific direction. The main
types of fibers are carbon, glass, aramid, aromatic polyamides (Kevlar) and metal fibers, as
represented in Figure B.2.
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Polymer

Matrix

Thermosetting

Epoxy, Polyester, vynil ester,
poly-urethane, phenolic

Thermoplastic

Amorphous: PC, PS, PMMA, ABS
Semi-crystalline: PE, PP, PEEK, PTFE

Elastomer

Silicone, rubber, EPDM

Metal

Aluminum, Magnesium, Titanium

Ceramic

SiC, Si3N4, ZrO2, BeO2

Figure B.1 Categories of matrices.

Polyester
Inorganic
Aramid
Reinforcement
Minerals

Carbon, Glass, Ceramic, Metal, Bore

Organic
Vegetals

Figure B.2 Categories of fibers (adapted from [220]).
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APPENDIX C

MULTI-COMPONENTS APPROACH: EXAMPLE OF
APPLICATION

Figure C.1 represents a control volume filled with three different phases A, B and C. The
phases A and C are porous, so they contain a solid subphase (the squares containing filled
circles, each of them representing 10 kg) and gas subphase (the squares containing empty
circles, each of them representing 1 kg). Each small square represents 1 m3 . Figure C.1
is intended to be a mathematical illustration of the multi-components approach and the
dimensions/masses have been chosen to ease calculation, but are of course not realistic from
a physical point of view. This conceptual view advantageously provides an illustration of
Equations 4.1 to 4.10 and allows to compute the parameters Xi , ρ̄i , ρ̄, Yi , φi and φ̄ on the
control volume depicted on Figure C.1:
1. Volume fraction:
Xi =
Xip,p =

Vi
Vtot
Vip
Np
X

(C.1)
(C.2)

Vip

i=1

The volume fraction of the solid and gaseous phases with respect to the control volume,
respectively denoted by Xis and Xig , are computed by counting the squares containing
filled or empty circles in each color and dividing it by the total number of squares in
the control volume, providing:
Phase

Xis

Xig

Xis,s

Xig,g

Xi = Xis + Xig

A
B
C

4/16
2/16
5/16

2/16
0/16
3/16

4/11
2/11
5/11

2/5
0/5
3/5

6/16
2/16
8/16

It is easy to verify that

N
X

Xi = 16/16 = 1.

i=1

2. Weighted bulk density:
ρ̄i = ρi Xi

(C.3)

The weighted bulk densities of the gaseous and solid phases ρ¯ig and ρ¯is are computed
from their volume fractions and “absolute“ densities. For instance, the “absolute“
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Control Volume
Entity A

1 m3

Phase A.1 (solid)
Phase A.2 (gaseous)

10 kg
1 kg

Entity B
Entity C
Phase C.1 (solid)
Phase C.2 (gaseous)

Figure C.1 Example of a control volume containing 3 phases. A square represents 1 m3 , a
filled circle 10 kg and an empty circle 1 kg

density of the solid phase As here is ρAs = 30 kg m−3 (because there are 3 filled red
circles in one small square), providing ρ̄As = ρAs XAs = 30 × 4/16 = 120/16 kg m−3 .
This result can be easily checked by counting the number of filled red circle and dividing
it by the total volume, 16 m3 . This method can be applied to the other phases:
Phase

ρ̄is (kg m−3 )

ρ̄ig (kg m−3 )

ρ̄i = ρ̄is + ρ̄ig

A
B
C

120/16
40/16
50/16

2/16
0/16
3/16

122/16
40/16
53/16

Then, the total density can be computed as:
ρ̄ =

N
X

Xi ρ i =

i=1
Ng

ρ̄g =
ρ̄s =

X
i=1
Ns
X
i=1

N
X
i=1

ρ̄i =

215
16

(C.4)

ρ̄ig =

5
16

(C.5)

ρ̄is =

210
16

(C.6)
(C.7)
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3. Mass fraction
ρi
ρ̄
ρip
= Xip
ρ̄p

Yi = Xi
Yip,p

(C.8)
(C.9)

The mass fraction is computed from the volume fraction and absolute density of phase
i, and total effective density. For instance, YAs = XAs ρAs /ρ̄ = 4/16 × 30 × 16/215 =
120/215. The mass fraction of other phases is:
Phase

Yis

Yis,s

Yig

Yig,g

Yi = Yis + Yig

A
B
C

120/215
40/215
50/215

120/210
40/210
50/210

2/215
0/215
3/215

2/5
0/5
3/5

122/215
40/215
53/215

It is worth noting that

N
X

Yi = 1.

i=1

4. Porosity:
φi = 1 −

ρ̄is
Xig
=
ρ̄is,0
Xi

(C.10)

where ρ̄i0 is the effective density of the non-porous phase i over control volume, that is
the density of the solid subphase if it totally filled the volume occupied by phase i. It
is given by ρ̄is,0 = ρ̄is Xi /Xis . It provides:
Phase

φi

A
B
C

2/6
0
3/8

The porosity of each phase can be estimated directly from Figure C.1 by dividing the
number of squares containing an empty circle by the total number of squares contained
in the phase, which allows to check the results.
Finally, the total effective porosity of the control volume is given by:
φ̄ =

N
X
i=1

Xi φi =

N
X
i=1

Xig =

5
16

(C.11)
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APPENDIX D

APPLICATION OF THE CONSERVATION EQUATION TO
THE CONTROL VOLUME

This appendix illustrates the control volumes used to derive the conservation equations developed in Section 4.2.1. The conservation equation are reminded at the top of each table.
The figures on the left depict the control volume and in red the phase(s) on which the conservation equation is applied, according to the convention introduced in Figure C.1. The terms
corresponding to the general conservation equation 4.33 are identified on the right side. The
first table is the general conservation equation and the control volume on which it is applied.

General conservation equation of the intensive property β:
∂ρβ
∂
+ ∂ρvβ
= ∂x
Γβ ∂β
+ Sβ
∂t
∂x
∂x
Control Volume
Convection
of β

◦ ρ=ρ
◦ m=m

Diffusion
of β

◦ B=B
◦ β=
Production or absorption
of β

∂B
∂m
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Conservation of solid species:
∂ ρ¯is
∂t

=

Nr
X

θij kj

j=1

Control Volume
Phase i

◦ ρ = ρ¯s
◦ m = ms
◦ B = mis = Yis,s ms
◦ β=

∂B
∂m

= Yis,s

Production or consumption
of solid phase i

Conservation of gas phase:
∂ρg φ̄
∂t

+

∂ρg φ̄v
∂x

=

Np Nr
X
X

θij kj

i=1 j=1

Control Volume

◦ ρ = ρ¯g
Convection

◦ m = mg
◦ B = mg
◦ β=

∂B
∂m

=1

Production or consumption
of gaseous species

Conservation of gas species:
ig,g
φ̄ρg ∂Y∂tig,g + ṁg ∂Y∂x
=

Phase i

Control Volume

Convection
of gas phase i

∂
∂x





ig,g
φ̄ρg D ∂Y∂x
+

Nr
X

θij kj

j=1

◦ ρ = ρ¯g
◦ m = mg

Diffusion
of gas phase i

◦ B = mig = mg Yig,g
◦ β=
Production or consumption
of gas phase i

∂B
∂m

= Yig,g
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Conservation of energy:
ρ̄c¯p ∂T
+ ṁg c¯pg ∂T
=
∂t
∂x
Control Volume
Convection
of heat

∂
∂x





λ̄ ∂T
+
∂x

Nr
X

kj qj

j=1

◦ ρ = ρ̄
◦ m = mcv

Conduction
of heat

◦ B = mcv c¯p T
◦ β = c¯p T
Production or absorption
of heat
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APPENDIX E

CALCULATION OF THE ELEMENT MATRICES FOR
EACH CONSERVATION EQUATION

1. General conservation equation:
∂β
∂β
∂
∂β
ρ
+ ρv
=
Γβ
∂t
∂x
∂x
∂x

!

+ Sβ

(E.1)

Interpolation function:

"
eT

ψ (x) =

l−x x
l
l

#

(E.2)



∂ψ eT (x)
1 1
= −
∂x
l l

(E.3)

Element matrices:
Z l

Ce =

0

K e1 =
K e2

=

Z l
0

Z l
0





ρl 1 1/2
ψ Te (x)ρψ e (x) dx = 
3 1/2 1


(E.4)



∂ψ e (x)
ṁg −1 1
ψ Te (x)ṁg
dx =
∂x
2 −1 1


(E.5)


∂ψ Te (x) ∂ψ e (x)
Γβ  1 −1
Γβ
dx =
∂x
∂x
l −1 1

F e2 =

Z l
0

(E.6)

 

Sβ l 1
ψ Te (x)Sβ dx =
2 1

(E.7)

2. Conservation of gaseous species:
∂Yig,g
∂Yig,g
∂
∂Yig,g
φ̄ρg D
φ̄ρg
+ ṁg
=
∂t
∂x
∂x
∂x
Element matrices:

!

+

Nr
X
j=1

θij kj

(E.8)
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C

e



φρg l  1 1/2
=
3 1/2 1


K e1

(E.9)



ṁg −1 1
=
2 −1 1


K e2 =
F e2 =

(E.10)


φ̄ρg D  1 −1
l
−1 1

(E.11)

 

Nr
X

1
l
θij kj  
2 j=1
1

(E.12)

3. Conservation of energy:
∂T
∂
∂T
∂T
+ ṁg c¯pg
=
λ̄
ρ̄c¯p
∂t
∂x
∂x
∂x

!

+

Nr
X

kj qj

(E.13)

j=1

Element matrices:





Ce

ρ̄c¯p l  1 1/2
=
3 1/2 1

K e1

ṁg c¯pg −1 1
=
2
−1 1

K e2

λ̄  1 −1
=
l −1 1

F e2

Nr
1
lX
=
kj qj  
2 j=1
1



(E.14)





(E.15)



(E.16)

 

(E.17)

4. Conservation of gas phase momentum:
M̄ φ̄
∂ PRT
∂
=
∂t
∂x

Element matrices:

κ̄ ∂P
ν ∂x

!

+

Np Nr
X
X
i=1 j=1

θij kj

(E.18)
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C

e



K e2



M̄ φ̄l  1 1/2
=
3RT 1/2 1


κ̄  1 −1
=
νl −1 1

F e2 =

Np Nr
X
X

(E.19)
(E.20)

 

1
l
θij kj  
2 i=1 j=1
1

(E.21)

